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Abstract 

Surface roughness of both machined and additively manufactured components is a critical characteristic 

that ensures both functional requirements and efficient performance in many high-precision 

applications requiring precise surface morphologies such as those used in the aerospace and medical 

industry. Due to uncertainties and the complex nonlinear nature of hundreds of manufacturing process 

parameters ranging from melt pool temperature to velocity of the cutting tool, the surface roughness of 

the manufactured product is not controllable and hence requires post-processing.  

 

 In this study, a system to remove material and reduce the surface roughness of physically hard-

to-reach external and internal surfaces of a non-magnetic workpieces is designed, developed and tested 

for efficacy and flexibility. Unlike conventional Magnetic Abrasive Finishing (MAF), this technique 

does not involve any moving parts to impart rotating motion to either the electromagnet or the 

workpiece. The system works on the principle of generating Rotating Magnetic Fields (RMF) to 

manipulate the motion of Magnetic Abrasive Particles (MAPs) on the surface of a workpiece for 

material removal in the form of micro and nano scale chips. An optimal configuration of stationary 

electromagnets is activated using an FPGA control unit coupled with digital servomotor drives and a 

DC power supply to generate the required magnetic flux density in the working region. The magnetic 

field gradient can be significantly magnified by selecting an appropriate core tip shape from a selection 

of eleven different tip shapes resulting in reduced leakage of magnetic flux. The modular nature of the 

system allows the operator to change the core tip shapes, the orientation of coils, current, amplitude, 

frequency, and phase difference at any instant. Moreover, the entire setup is mounted on four caster 

wheels that can be easily moved and safely secured at any location. 
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Finite element parametric optimization in Ansys Maxwell is used to design and fabricate a 

novel tapered electromagnet geometry optimized for maximum gradient of magnetic field on both axial 

and off-axial locations. The performance of the optimized geometry is validated via both analytical and 

experimental results with less than an average error of 10%. The novel electromagnet shape is designed 

to reduce the distance between adjacent coils and maintain a uniform distribution of magnetic field in 

the workspace.  

 

To quantify the effectiveness of this technique, different optimal electromagnet configurations 

are implemented on aluminum specimens subjected to six different abrasives and tested under a Laser 

scanning confocal microscope. The average surface roughness (Ra) is improved from 93% to 36% 

depending on the input process parameters, namely current, frequency and cycle time.  
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Chapter 1 

Introduction  

Additive manufacturing is a revolutionary and transformative technology that will be at the forefront 

of industrial production in the coming future. It facilitates the design of complex geometries such as 

conformal cooling passages in turbine blades, which are either very expensive or impractical with 

traditional machining methods (milling, dies etc.). However, due to uncertainties and complex 

nonlinear nature of hundreds of parameters ranging from melt pool temperature to velocity, the surface 

roughness of the manufactured product is not controllable and hence requires post-processing. The 

average surface roughness is critical for applications requiring strict tolerance. Post-processing of 

additively manufactured components with hands is not an efficient option as it may raise production 

costs, increase deviations in surface quality and may restrict having different variations in surface 

roughness [1].  

 

Conventionally available finishing processes such as bonnet polishing, vibration assisted 

polishing, fluid jet polishing, sandblasting, fine abrasive finishing, laser remelting etc. are some of the 

techniques used to achieve the desired surface roughness, alter mechanical properties (such as residual 

stresses) and remove excess material from machined components [2]. However, the time-consuming 

nature, susceptibility to quasi static errors and high sensitivity to process parameters are some of the 

key driving factors to initiate the search for alternate and non-conventional finishing techniques. 

Furthermore, conventional methods are pre-tuned for specific part characteristics and require a process 

overhaul if the design requirements are modified. This is where non-conventional finishing processes 

such as Magnetic Abrasive Finishing (MAF) come in picture. 
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 Magnetic Abrasive Finishing (MAF) is a flexible micromachining process designed to alter 

the surface profile of a part based on the action of magnetic field on ferromagnetic particles by removing 

thin micro or nano scale layers in the form of fine chips [3]. MAF has already been used to polish 

various materials and geometries ranging from flat surfaces to complex shapes such as hollow and solid 

cylindrical tubes [2]. The surface finishing action takes place due to the relative motion between the 

workpiece and the abrasive mixture. Therefore, one of the most important tasks in designing a MAF 

setup is controlling the motion of the Magnetic Abrasive Particles (MAPs). The MAPs follow a circular 

path along the flux lines generated by a Rotating Magnetic Field (RMF). In conventional MAF setups, 

an RMF is generated by mechanically rotating permanent/electromagnets or the workpiece. Fig. 1.1 

illustrates a cross-sectional view of a typical MAF process where a permanent magnet is provided with 

a continuous rotational feed. This limits the flexibility of the polishing process and portability of the 

system when variation of surface roughness is required, and complex surface profiles are used. Due to 

this limiting design constraint MAF is not adept for polishing complex constructs. Another fundamental 

limitation associated with conventional MAF systems is its applicability to only cylindrical, flat sheet 

or low curvature surfaces.  

 

Figure 1.1 Typical Magnetic Abrasive Finishing [4] 



 

3 

 

1.1 Proposed Technique 

It is an objective of the present disclosure to obviate or mitigate at least one limitation of conventional 

Magnetic Abrasive Finishing process. The present disclosure is an apparatus to reduce the surface 

roughness of a non-magnetic workpiece by facilitating material removal due to the relative motion 

between the Magnetic Abrasive Particles (MAPs) and the workpiece. The relative motion is a result of 

the interaction of the MAPs with dynamic magnetic fields generated via a stationary electromagnet 

array. More particularly, the dynamic magnetic fields are rotating in nature. Under the effect of 

magnetic field these particles align in the direction of the magnetic flux lines transforming them to semi 

solid chains [2]. The proposed design would not require any mechanically moving part and would rely 

on the activation of an array of coils to generate a rotating magnetic field. The abrasive mixture is 

composed of magnetic particles (iron grits), abrasive particles (like SiC, Al2O3) and a lubricant to take 

care of the heat generated during the process.  

 

To achieve this, a portable apparatus was designed and fabricated by integrating an array of 

novel tapered electromagnets, controller, and motor drives in a custom-made chassis. Finite element 

analysis and experimental results confirmed the optimized coilôs magnetic performance. An open loop 

real-time control model was developed to manipulate the magnitude and RPM of the rotating magnetic 

fields.  

 

In a first aspect, the present disclosure provides a method of generating a Rotating Magnetic 

Field (RMF) using stationary electromagnets. The system comprises of an electromagnet array 

consisting of an even number of electromagnets arranged in a circular manner. Each electromagnet in 

the array is energized using current waveforms that can be controlled to alter the magnetic flux density 
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and RPM of the RMF. In a further embodiment, the MAPs are introduced to the rotating magnetic field. 

Due to gradient of the magnetic field, the MAPs follow the magnetic flux lines from one electromagnet 

pole to the adjacent. Fig. 1.2 illustrates a block diagram of the Magnetic Field Assisted Abrasive 

Polishing Apparatus. 

 

 

Figure 1.2 Block diagram of Magnetic Field Assisted Abrasive Polishing Appratus 
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1.2 Thesis Objectives and Outline 

The goal of this thesis is to develop a Magnetic Field Assisted Abrasive Polishing Apparatus. To meet 

this goal the following objectives were undertaken: 

¶ Design and optimization of an electromagnet geometry to maximize the material removal from 

the surface of the workpiece. 

¶ Fabrication, integration, and calibration of electromechanical and mechatronics sub-systems 

for a full -scale prototype. 

¶ Development of an open loop control model to vary the cutting force by altering the magnitude 

of the magnetic flux density and the RPM of the rotating magnetic field.  

¶ Validation of the proposed technique by observing the motion of steel balls under the effect of 

four and six coils at varying frequencies and amplitudes. 

¶ Evaluation of reduction in surface roughness due to six coils on cylindrical and flat sheet 

specimens.  

¶ Evaluation of the effect of abrasive particle size on the average reduction in surface roughness 

of the workpiece. 

This thesis includes 6 chapters:  

¶ Chapter 1 states the thesis motivations and goals. It also presents the project organization and 

contributions. 

¶ Chapter 2 provides the background of Magnetic Abrasive Finishing. A detailed review of the 

effect of process parameters on surface roughness and material removal rate is presented and 

the challenges and limitations related to conventional techniques are discussed. A brief section 

is dedicated to the dominating effect of each process parameter and their respective positive 

and negative aspects.  
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¶ Chapter 3 introduces the analytical and finite element optimization techniques used to design 

a novel optimized electromagnet and core tip geometries. The chapter also compares the results 

of both analytical model and Ansys Maxwell. 

¶ Chapter 4 discusses the principle of rotating magnetic fields and a detailed description of sub-

systems integrated to achieve the desired pattern of the magnetic fields is presented. This 

section also explains the control models used to alter the magnetic flux density in the working 

region.  

¶ Chapter 5 discusses the experiments performed in this study to validate the efficacy of 

individual subsystems and the system. This chapter also presents the experimental results of 

the implementation of the polishing technique on aluminum samples. 

¶ Chapter 6 outlines the conclusion of this research by reviewing the summary of the work. The 

limitations and recommended future work are also discussed. 

1.3 Thesis Contributions 

¶ Development of a novel abrasive surface polishing technique by eliminating the requirement 

of rotating machinery essential to produce rotating magnetic fields in conventional Magnetic 

Abrasive Finishing. 

¶ Validated the flexibility of the polishing system by implementing a reconfigurable 

electromagnet array on cylindrical and flat sheet aluminum specimens. 

¶ Development of an open loop control model to control the strength of magnetic flux density 

and the RPM of the RMF in the test region.  

¶ Design and performance validation of a novel electromagnet/coil design optimized to reduce 

distance between adjacent coils and generate a uniform magnetic field. 



 

7 

 

Chapter 2 

Literature Review 

In this chapter, the literature review for the explored pathways in this thesis is presented. In addition, 

the foundation of the ideas, discussed in the subsequent chapters, is outlined. The literature review for 

this dissertation is focused on the effect of process parameters on the average reduction in surface 

roughness and material removal via conventional magnetic abrasive finishing. The current work is an 

extension of the preliminary studies on the feasibility of stationary electromagnets for surface polishing 

performed by Thamir Al -Dulami [5], a former PhD student at the Maglev Microrobotics Laboratory. 

Dr. Dulamiôs work implemented a wedge-shaped core tip with four electromagnets on a variety of 

specimen shapes at low frequencies (<3 Hz). The current system is more configurable, optimized and 

adaptable in terms on input process parameters and modularity of the coil array with respect to size and 

shape of the workpiece.  

 

The output of a conventional magnetic abrasive finishing process is a result of more than 5 

independent variables, mainly current, grain size of the iron powder, grain size of the abrasive powder, 

cycle time and RPM of the rotating magnetic field. Kanish et al. [6] used S/N ratio and Analysis of 

Variance (ANOVA) to study the effect of process parameters on surface finish (Ra) and Material 

Removal Rate (MRR). The findings indicated that high working voltage (47.11 and 44.09% 

respectively) and machining gap (28.51% and 32.86%) had the highest effects on both percentage 

change in Ra and MRR followed by abrasive size and feed rate. Hence it can be concluded that increase 

in voltage and abrasive size has a positive effect whereas increase in machining gap has a detrimental 

effect on the average reduction in surface roughness. In a similar study, Zhang et al. [7] employed MAF 
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for post processing of as printed selected laser melted (SLM) 316L stainless steel, to study the effect of 

slope angle on surface finish. The study validated a linear relationship between material removal and 

initial surface roughness. 

 

Wu et al. [2] studied the effect of abrasive size on percentage change in surface roughness and 

material removal rate. The study found that one way of changing the magnetic force generated by a 

given magnetic field is by adjusting magnetic particle size in the abrasive mixture. The study also 

performed a comparative analysis of magnetic abrasives and conventional abrasives and found that 

magnetic abrasives result in a finer surface finish but a low material removal rate as compared to 

conventional abrasives, which were able to remove twice the amount of material as compared to 

magnetic abrasives. Two different sizes of steel grits (G25 and G14) were used in the analysis, and it 

was found that material removal using G25 (mean diameter 0.7mm) was around 3 times higher than 

using G14 steel grits (mean diameter 1.4mm). This is because the magnetic force acting on G14 steel 

grits is higher due to less particles per weight. However, due to its large size G14 steel grits were not 

able to penetrate narrow valleys.  

 

Guo et al. (2017) [8] established a relationship between material removal rate, surface finish, 

polishing force and abrasive size using two rolling permanent magnet setups to generate a rotating 

magnetic field. The study found that after 10 minutes of polishing, particle scattering resulted in a 

drastic reduction in material removal rate. Four different abrasives were used, Al2O3 

(5ʈÍ ÁÎÄ σπʈÍ and SiC υʈÍ ÁÎÄ σπʈÍ and it was observed that SiC 30 ʈÍ resulted in fast 

material removal rate due to low polishing force.  
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Rahul S. Mulik et al. [9] found that brittle fracture and shearing are the dominating mechanisms 

for the removal of small peaks. The study also compared the effect of bonded and unbonded MAPs and 

it was found that bonded MAPs dominate the surface finish, whereas unbonded MAPs affect material 

removal. Moreover, the magnetic force acting on the MAPs is dependent on the magnetic flux intensity 

and the gradient of the magnetic field followed by the magnetic and volume susceptibility of the 

particles. The study also revealed that an increase in the diameter of the MAPs and abrasive grain size 

increases the stock removal and surface roughness, respectively. Fig. 2.1 (c) depicts the forces acting 

on a single magnetic abrasive particle subjected to a rotating magnetic field due to a radial pole 

arrangement. Radial pole arrangement is preferred over annular as it is observed that annular pole 

placement increases the probability of chain breakage (radial chains are produced in annular pole 

arrangement) due to resistance in the orthogonal direction. The significance of tangential and normal 

forces is explained in chapter 3. 

 

Figure 2.1 (a) Front view, (b) Top view of the schematic of radial electromagnetic pole 

arrangement, (c) forces acting on a MAP [9] 
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Dhirendra K. Singh et al. [10] studied the effect of normal and tangential forces on surface 

finishing and material removal rates. It was found that the tangential forces (f  t) generated due to relative 

motion between the flexible magnetic abrasive brush and the workpiece, are responsible for the 

microchipping of the workpiece. However, microchipping will only take place if f t is greater than the 

resistance offered by the workpiece against its deformations (a function of hardness, yield strength and 

ultimate strength). Fig. 2.2 explains the variation of magnetic forces (total and tangential) with the 

current at varying working and air gaps. Normal forces, on the other hand, are responsible for the 

penetration/indentation depth of the MAPs into the workpiece. It was also observed that at higher rpm 

the increase in centrifugal forces and interface temperature reduces the tangential cutting force.  

 

 

Figure 2.2 (a) Variation of magnetic force with current for different air gaps (b)Variation of tangential 

cutting force (Fc) with current for different working gaps [10] 

ZhengHao Yu et al. [11] studied the surface finish of an elbow pipe using centerline 

reconstruction. This technique generates a spatial point cloud of the pipe based on the surface contour 

lines and hence optimizes the parameters for inner surface roughness reduction. Fig. 2.3 il lustrates the 

setup used by ZhengHao Yu et al. for their experiments. 
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Figure 2.3 MAF setup for an irregular spatial elbow pipe [11] 

SHINMURA et al. [12] were one of the first researchers to create a rotating magnetic field for 

static MAF without using a rotating mechanism. The study compared four types of exciting power 

source circuits to compare the results of static and rotating MAF setups. It was observed that rotating 

magnetic fields cause thermal effects in terms of temperature rise in core, yoke, and increased power 

consumption. The power consumption increases because in the case of rotating fields the tangential 

force is created by the magnetic field and not by the rotating tool/machine. However, rotating magnetic 

fields result in higher stock removal as compared to static fields. 

 

Ajay Sidpara and V.K. Jain [13] illustrated the force analysis on a curved surface in an MR 

fluid-based finishing process. The surface roughness was reduced from 640 nm to 90 nm on mild steel 

workpieces. It was found that both normal and tangential forces decrease with the increase in the angle 

of curvature of the workpiece. This is caused due to a decrease in the effective area of contact. Fig. 2.4 

illustrates the effect of angle of curvature on the forces exerted by MAPs on the workpiece. 
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Figure 2.4 (a) Freeform surface subjected to magnetic abrasive finishing (b) Variation of Magnetic 

force components with angle of curvature of the workpiece surface [13] 

Lida Heng et al. [14] implemented rotating magnetic fields to enhance the surface roughness of steel 

wires from 0.25 µm to 0.02 µm at 800 rpm for 60s. The study used Nd-Fe-B permanent magnets 

mounted on a plastic chuck for creating an RMF. The research also found that increase in rpm had a 

direct impact on material removal and final surface roughness. 

  

(a)                                                  (b) 

Figure 2.5 2D (a) and 3D (b) schematic of implementation of rotating magnetic fields on steel wire 

[14] 
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Figure 2.6 Effect of rpm on surface roughness [14] 

Vibration assistance is a very common technique to amplify the effect of magnetic fields on the 

workpiece surface. Yi-Hsun Lee et al. [15] studied the effect of adding vibration to enhance MAF and 

found that a 2D VAMAF (Vibration Assisted Magnetic Abrasive Finishing) decreased the processing 

time to achieve similar/lower surface roughness results as compared to a typical MAF process. Fig. 2.7 

illustrates the exploded view of the setup developed for implementing 2D VAMAF. 

 

(a)                                                                   (b) 

Figure 2.7 Vibration Assisted MAF setup (a); Comparison of 2D VAMAF and MAF [15] 
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Due to the non-contact nature of the electromagnets/permanent magnets with the workpiece, MAF can 

also be implemented to finish internal surfaces such as liquid piping systems. Hitomi Yamaguchi et al 

[16] used this principle to polish internal surfaces using a stationary pole system. However, the claims 

were only validated on SUD304 stainless steel disks as the curvature of a tube is considerably negligible 

compared to the scanning area in microscope (<100 µm2). In a similar study, Debin Wang et al. [17] 

implemented a rotating pole instead of a stationary pole to achieve internal material removal. The study 

also found that wet finishing (distilled water) results in more accurate and efficient surface roughness 

results as compared to dry finishing of Si3N4 tube. 

 

 

(a)                                                                            (b) 

Figure 2.8 Implementation of stationary (a) [16] and rotating pole (b) [17] system for internal surface 

finishing  
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2.1 A Brief Review of Literature Survey 

Based on the literature survey, parameters affecting the change in surface roughness and material 

removal rate are defined below. A range of practically used magnitudes and the dominating effect of 

these parameters is also discussed. Magnetic flux density and machining gap are found as the most 

influencing parameters, followed by grain size and cycle time used to achieve the desired surface 

roughness. Following is a table of parameters with their brief description. 

Table 1 Review of Literature Survey 

Parameter Description Dominating Effect Range 

 

Working Gap 

Gap between the workpiece and the 

tip of the electromagnet. 

Increase in working gap 

decreases the magnetic field. 

 

1 mm ï 2 mm 

 

Feed Rate 

Translational motion of the 

workpiece towards the finishing spot. 

 

             - 

 

4-8 mm/min 

 

 

 

Rotational 

speed 

 

Rotating speed of the tool/ milling 

machine on which the static magnetic 

field setup is mounted to create a 

rotational component. 

Magnitude of Fx, Fy and Fz 

increases to an optimum value 

and then decreases due to 

increase in centrifugal force 

resulting in breakage of 

abrasive chains. 

 

 

 

500-2000 RPM 

Magnetic Flux 

density 

Intensity of magnetic field lines at 

the finishing spot. 

Increase in magnetic flux 

density increases the force on 

the iron grits. 

 

0.2-1 T 

 

 

Size Ratio 

 

Ratio of size of iron particles to the 

abrasive particles. 

Size Ratio defines the 

debonding force of the media 

which in turn limits the 

    

- 
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rotational speed to avoid 

separation. 

 

Reduction in Ra 

These are the surface texture 

contrasts generated during the 

manufacturing process. 

These values are specific to a 

material and will  change with 

change in material hardness. 

 

 

75-95 % 

 

 

Cycle time 

It is the time interval for which the 

MAF setup is continuously activated 

via energizing an electromagnetic or 

a permanent magnet mounted on 

rotating machinery.  

 

- 

 

 

- 

 

 

5 ï 90 minutes 

 

Angle of 

Curvature 

Angle b/w the normal to the 

workpiece surface and the rotational 

axis of the tool.  

Ft and Fn decrease with 

increase in angle of curvature 

due to reduction in contact 

area. 

 

 

0-30 degrees 
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Chapter 3 

Design and Optimization of a Novel Electromagnet Geometry 

3.1 Introduction  to Analytical Modelling 

 

Figure 3.1 Typical coil design parameters 

To design an electromagnet/coil, the geometry/dimensions of the coil require optimization. The 

optimization is based on the force and field components experienced by a mixture of iron and abrasive 

particles on the surface of a workpiece. The forces generated are a function of many coil parameters: 

Ὂ ὪὍȟὔȟὔȟὶȟὶȟὨȟὰȟὫȟὄ  

Where, I is the current in the coil in amperes, B is the magnetic field in Tesla, ro and ri are the coil outer 

and inner radii, respectively, Ὠ  and ὰ are the diameter and length of the copper winding wire, ὔ  and 

ὔ  are the number of turns in the axial and radial direction respectively and g is the working gap 

between the electromagnet and the MAPs. Fig. 3.1 represents a typical coil cross section and Fig. 3.2 
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provides a 3D view of a cylindrical coil with design parameters that are optimized in this chapter. The 

project started by referring to literature available on preliminary coil design to maximize the magnetic 

field on the axis of a cylindrical coil. However, the primary design function of the coil is to maximize 

the magnetic force at 1-2 mm above the tip of the core. Since, magnetic force is directly proportional 

to the gradient of the magnetic field, for initial parametric analysis magnetic field was chosen as the 

cost function. One of the most important aspects of the optimization process is modeling the trend and 

effect of various dimensional parameters on the desired output of the coil, which in our case is magnetic 

force and field. 

 

Figure 3.2 Ferromagnetic Coil with design parameters 

The optimization process started by creating an analytical model to calculate the magnetic field and 

analyzing that model in MATLAB  for optimization trend analysis. This analytical solution was further 

modified to calculate the magnetic field at points lying off the axis of the cylindrical coil. However, 

due to the complex and nonlinear nature of the MAF process the optimization process was later shifted 
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to finite element analysis performed using Ansys Maxwell. The process of obtaining the analytical 

model has been explained in the flow chart below. Moreover, it is difficult to analytically solve the field 

parametric analysis of an iron core coil, hence the analytical model is limited to an air core coil only. 

However, a comparative analysis has been done using relative permeability of the ferromagnetic core. 

 

 

 

 

 

 

According to ampereôs law [18] the magnetic field around a current carrying conductor is proportional 

to the electric current carried by the source, which can be mathematically represented as: 

ὄᴆ
 

ẗὨὰᴆ ‘Ὅ éé...é.(3.1) 

Where B is the magnetic field generated due to an infinitely small element of the closed 

amperian loop dl (not the current element as in Biot Savartôs Law) and Ὅ  is the total current 

enclosed by the closed loop. For a closed loop (referred to as the amperian loop) the summation of the 

length elements of the loop times the magnetic field is equal to permeability of free space times current 

enclosed in the loop. Ampereôs law can be used when the magnetic field along an amperian loop is 

constant, and the application of this law can be seen in the next sub-sections. 

 

Magnetic field 

due to a straight 

conductor 

 

Magnetic field due 

to a circular loop 

on its axis 

 

Magnetic field 

due a circular 

loop ï off axis 

 

Magnetic field 

at the centre of 

a thin solenoid 

 

Magnetic field 

on the axis of a 

thin solenoid 

 

Magnetic field -

on the axis of a 

thick solenoid 

Magnetic field 

off axis for a 

thick solenoid 
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Biot Savartôs law [19]: This quantitative relationship defines the magnetic field at a point P due 

to a constant electric current, which in turn is the summation of the magnetic fields generated by all the 

small current elements IὨὰᴆ . 

Ὠὄᴆ
ᴆ  
éé...é.(3.2) 

‘ ÐÅÒÍÅÁÂÉÌÉÔÙ ÏÆ ÆÒÅÅ ÓÐÁÃÅ 

) ÃÕÒÒÅÎÔ ÆÌÏ×ÉÎÇ ÔÈÒÏÕÇÈ ÔÈÅ ÃÏÎÄÕÃÔÏÒ 

Ò ÄÉÓÔÁÎÃÅ ÏÆ ÔÈÅ ÐÏÉÎÔ ÏÆ ÉÎÔÅÒÅÓÔ ÆÒÏÍ ÔÈÅ ÃÕÒÒÅÎÔ ÅÌÅÍÅÎÔ 

3.1.1 Magnetic Field on the Axis of a Circular Current Carrying Conductor 

 

Figure 3.3 Magnetic Field on the Axis of a Circular Current Carrying Conductor 

Consider a circular conducting ring carrying a constant current óIô. From Biot Savartôs law, the 

magnetic field generated by a current element ὍὨὰᴆ at a distance r from the current element is given by: 
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Ὠὄᴆ
ό

τ“

ὍὨὰᴆ ὢ ὶ

ὶ
 

The total magnetic field at point P will be the summation of magnetic fields due to all such current 

elements and can be formulated by integrating the above expression: 

ὄ
όὍ

τ“
᷿
Ὠὰᴆ ὢ ὶ

ὶ
 

Location of the current element can be represented by a vector ὶᴆ ὙὧέίɲǶίὭὲɲǶ 

Location of point P, at which field is measured ὶᴆ ὶᴆ ὶᴆ ᾀὯ ὙÓÉÎɲ  ὙÃÏÓɲ  

where, ȿὶȿ ЍὙ ᾀ Ὑ ᾀ  

ὍὨὰᴆ Ὅ
Ὠὶᴆ
Ὠɲ Ὠɲ  

Ὠὰᴆ ὢ ὶᴆ Ὠɲ ὛὭὲɲ ὧέίɲ  X ᾀὯ ὙÓÉÎɲ  ὙÃÏÓɲ  

Ὠὰᴆ ὢ ὶᴆ  ὙὨ‰ᾀÃÏÓɲǶᾀÓÉÎɲǶὙὯ 

Ὠὄᴆ  
όὍὙὙὨ‰ᾀÃÏÓɲǶᾀÓÉÎɲǶὙὯ

τ“Ὑ ᾀ
 

Due to symmetry of the geometry, radial components (x and y direction) cancel each other, and only 

axial component (z direction) contribute towards the total magnetic field [20]. 

Ὠὄ
όὍὙ Ὠ‰

τ“Ὑ ᾀ
ὄ  

όὍὙ

ςὙ ᾀ
 ȣȣȢȢȢȣȢσȢσ  

The above expression is the resultant magnetic field at a point P on the axis of a circular current carrying 

conductor.  
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3.1.2 Magnetic Field Due to a Straight Current Carrying Conductor  

 

Figure 3.4 Magnetic field due to a straight current carrying conductor 

Consider a straight vertical wire carrying a constant current I. From Biot Savartôs law, we know that 

the magnetic field generated by a current element ὍὨὰᴆ at a distance r is given by: 

Ὠὄᴆ
‘

τ“

ὍὨὰᴆ ὢ ὶᴆ

ὶ
 

Ὠὰᴆ Ὠᾀ Ὧ 

Location of point P = ”Ƕ Ƞ Location of current source = ᾀ Ὧ 

ὶᴆ  ”Ƕᾀ Ὧ Ƞ ὶ  ” ᾀ 

Ὠὰᴆ ὢ ὶᴆ Ὠᾀ Ὧ ὢ”Ƕᾀ Ὧ  ” Ὠᾀ  
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ὄᴆ
όὍ

τ“
᷿

” Ὠᾀ 

” ᾀ  
 

Substituting z = ”ὧέὸ‌ and Ὠᾀ ”ὧέίὩὧ‌ 

Hence, the net magnetic field at point P can be formulated as: 

ὄᴆ
όὍ

τ“

ίὭὲ‌Ὠ‌

” ᾀ  
  

ὄᴆ  
όὍ

τ“”
ὧέί‌ ὧέί‌   ὯȣȣȢȢȢȣȢσȢτ 

The above expression is the resultant magnetic field at a point P due to a straight current carrying 

conductor. 

3.1.3 Magnetic Field inside a Thin Solenoid  

 

Figure 3.5 Magnetic Field inside a Thin Solenoid 

A thin solenoid can be defined as a coil with only one layer of winding in the axial direction. Since, the 

magnetic field generated by the amperian loop (dotted line) is symmetric, we can use ampereôs law to 
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calculate the magnetic field inside a thin solenoid. The closed loop can be divided into four paths (1, 2, 

3 and 4) and only path 3 produces a magnetic field inside the solenoid as the other components are 

either outside the magnetic flux (magnetic field outside the solenoid is almost zero) lines or 

perpendicular to the magnetic flux which makes the dot product  ὄᴆẗὨὰᴆ zero. 

ḂὄᴆȢὨὰᴆ ὄᴆẗὨὰᴆ ὄᴆẗὨὰᴆ ὄᴆẗὨὰᴆ ὄᴆẗὨὰᴆ 

π π ὄὰπ 

ὄὰ‘ὔὍ 

ὲ
ὔ

ὰ
ὲόάὦὩὶ έὪ ὸόὶὲί ὴὩὶ όὲὭὸ ὰὩὲὫὸὬ 

ὔ ὸέὸὥὰ ὲόάὦὩὶ έὪ ὸόὶὲί 

ὄ ‘ὲὍ ȣȣȢȢȢȣȢσȢυ 

The above expression is the resultant magnetic field at a point P inside a thin solenoid.  

3.1.4 Magnetic Field on the Axis of a Thin Solenoid 

 

Figure 3.6 Magnetic Field on the Axis of a Thin Solenoid 
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We have derived the magnetic field due to circular coil of radius óaô in section 3.1.3 as: 

ὄ
όὍ

ς

ὥ

” ᾀ  
 

The current density due to a thin solenoid can be denoted by the Greek letter lambda ‗  

ὨὍ ‗Ὠὼ and Ὠὄ  ‗Ὠὼ 

Ὠὄ
ό

ς

‗ὥὨὼ

ὥ ὒ ὼ ὼ  
 

ὄ
ό‗ὥ

ς

Ὠὼ

ὥ ὒ ὼ ὼ  
 

assuming ὒ ὼ ὼ όȟὸὬὩὲ Ὠὼ Ὠό 

When ὼ πȠ ό ὒ ὼ 

When ὼ ὒȠ  u=ὼ 

ὄ
ό‗

ς

Ὠό

ὥ ό  
 
όὔὍ

ςὒ

ὼ

ὼ ὶ

ὼ

ὼ ὶ
ȣȣȢȢȢȣȢσȢφ 

The above expression is the resultant magnetic field at a point P on the axis of a thin solenoid.  

3.1.5 Magnetic Field on the Axis of a Thick Solenoid 

A thick solenoid (also known as a multi-layer- multi turn coil) is an inductor having more than one turn 

in both axial and radial directions. From section 3.1.4, the magnetic field on the axis of a thin solenoid 

can be calculated by the equation: 
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ὄ
όὔὍ

ςὒ

ὼ

ὼ ὶ

ὼ

ὼ ὶ
 

 

Figure 3.7 Magnetic field on the axis of a thick solenoid 

The magnetic field due to a thick solenoid can be calculated by considering an ideal thin solenoid at 

the center of the coil cross section, whose magnetic field is to be determined at a certain point on the 

axis of the coil [21]. 

Current density of an ideal thin solenoid is given by J = NI/L 

Hence the current density for a thick solenoid will be ὐ ὐὨὶ 

Where, r = radius of the coil measured from the ideal central location of the thin coil, and it varies from 

r1 to r2.
 

Ὠὄ
όὔὍ

ςὒ
Ὠὶ

ὼ

ὼ ὶ

ὼ

ὼ ὶ
 

Now, we know the from basics of integration: 
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᷿
ρ

Ѝὼ ὥ

ρ

ὥ
᷿

ρ

ρ
ὼ
ὥ

Ὠὼ 

ÌÎὼ ὥ ὼ Ƞὴόὸ ὼ ὥÔÁÎ— 

Therefore, the net magnetic field at point P due to thick solenoid can be formulated as: 

ὄ
όὔὍ

ὒὶ ὶ
ὼὰὲ

ὶ ὼ ὶ

ὶ ὼ  ὶ
 ὼὰὲ

ὶ ὼ ὶ

ὶ ὼ  ὶ
ȣȣȢȢȢȣȢσȢχ 

3.1.6 Magnetic field off the axis of a circular current carrying coil 

Consider a circular conducting ring carrying a constant current óIô. From Biot Savartôs law we know 

that the magnetic field generated by a current element ὍὨὰᴆ at a distance r from the current element is 

given by: Ὠὄᴆ
ᴆ  

 

 

Figure 3.8 Off -Axis magnetic field due to a circular current carrying conductor 

Now, the total magnetic field at point P will be the summation of magnetic fields due to all the current 

elements. 
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ὄ
όὍ

τ“
᷿
Ὠὰᴆ ὢ ὶ

ὶ
 

Location of the current element ὙὧέίɲǶίὭὲɲǶ 

ὍὨὰᴆ Ὅ
Ὠὶᴆ
Ὠɲ Ὠɲ  

ὍὨὰᴆ  ὙὨɲ ὛὭὲɲ ὧέίɲ   

For simplicity of analysis the off-axis point is considered in the YZ plane to cancel the components of 

magnetic field generated due to the current elements lying symmetrically to this point. 

ὶᴆ ώǶᾀὯ 

ὶ ὶᴆ ὶᴆ ώǶᾀὯ ὙὧέίɲǶὙίὭὲɲǶ 

ὶᴆ ὙὧέίɲǶ ώ ὙίὭὲɲǶᾀὯ 

Ὠὰᴆ ὢ ὶᴆ ὙὨɲ ὛὭὲɲ ὧέίɲ  8 ὙὧέίɲǶ ώ ὙίὭὲɲǶᾀὯ 

ὨὩὸ
Ƕ Ƕ Ὧ
ίὭὲɲ ὧέί‰ π
Ὑὧέίɲ ώ ὙίὭὲɲᾀ

 

Ὠὄᴆ  
όὍὙ

τ“

ᾀὧέίɲǶᾀίὭὲᶮǶ Ὑ ώίὭὲɲὯὨɲ

Ὑ ώ ςὙώίὭὲɲ
 

ὄπȟώȟᾀ
όὍὙ

τ“

ᾀὧέίɲǶᾀίὭὲᶮǶ Ὑ ώίὭὲɲὯὨɲ

Ὑ ώ ςὙώίὭὲɲ
 

x components of the magnetic field can be neglected as they cancel out each other due to symmetry. 

ὄώ
όὍὙ

τ“

ᾀίὭὲὨɲɲ

Ὑ ώ ςὙώίὭὲɲ
ȣȣȢȢȢȣȢσȢψ 
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ὄᾀ
όὍὙ

τ“

Ὑ ώίὭὲɲὯὨɲ

Ὑ ώ ςὙώίὭὲɲ
 ȣȣȢȢȢȣȢσȢω 

The above elliptic integrals can be solved in MATLAB or by using the following assumptions, which 

presume that the location of the test point is far greater than the radius of the circular current carrying 

conductor. 
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After neglecting higher order terms, 
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Similarly, by neglecting higher order terms, we can calculate the magnetic field in the z direction as: 
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3.1.7 Magnetic Field off the Axis for a Thick Shell Solenoid  

 

Figure 3.9 Magnetic field off the axis of a thick solenoid 

The final step in analytical modelling for this project is calculating the magnetic field at off-axis 

locations due to a thick solenoid. This situation is the closest approximation to the real world and actual 

coils manufactured in this research. In later sections, it will be proved that the results from these 

analytical field models match closely with the FEA and experimental results. From the results of a 

circular current carrying coil: 

ὍὨὰᴆ ὙὨ‰ίὭὲɲǶὧέίɲǶ 

Location of the point of interest P = ὼǶώǶ ᾀ ὬὯ 

Location of the current element = ὥὧέίɲǶίὭὲɲǶ 
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Ὑᴆ ὼǶώǶ ᾀ ὬὯ ὥὧέίɲǶίὭὲɲǶ 

Where a = radius of the ideal thin shell solenoid and Current density ὐ ὐὨὶ [21] 
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The equations formulated in this section form the basis of validation of finite element models developed 

in Ansys Maxwell. Both analytical and finite element models will be compared with the magnetic field 

results obtained from a high-resolution gauss meter with both tangential and axial field measuring 

probes. 

3.2 Finite Element Modelling and Optimization 

Due to the nonlinear nature of magnetic fields and advances in the capabilities of current FEA software, 

the final optimization of the coil geometry was performed on Ansys Maxwell. This approach facilitated 

the evaluation of multiple design parameters on coil performance individually and collaboratively. The 

finite element coil optimization is divided into two subsections. Section 3.2.1 elaborates the 

optimization of coil geometry for an iron particle on the axis of a 2D coil in Ansys Magnetostatic 

Module. Section 3.2.2 illustrates the optimization of coil geometry, core tips and orientation in 3D. This 

section also covers the effect of inclination and number of coils on the force experienced by a test 

particle. The concept of a taper coil is also realized in this section along with the effect of core tip 

shapes on the magnetic field distribution in the test region. OFF-axis optimization is only performed in 

3D as for a 2D case any test particle away from the central axis would become a ring, as the model is 

symmetric about Z-axis.  

3.2.1 Optimization of Electromagnet Geometry in 2D  

A two-dimensional model is very critical for the optimization process at it encompasses the least 

number of assumptions in finite element modelling. Furthermore, due to the simplicity of the model a 

finer mesh can be implemented for accurate results. However, it must be noted that an adaptive meshing 

technique was implemented to achieve an energy error of less than 0.1%. To optimize and compare the 

analytical and simulation results, it has been assumed that the wires are perfectly wound with no air 
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gap and hence a fit factor of 0.86 has not been yet considered but will be considered towards the end 

of the optimization process.  

3.2.1.1 Comparison of Air Core and Iron Core Electromagnets 

Initially simulations were performed for an air core coil to study the effect of various physical and 

process parameters such as working gap, length and current density on coil performance. Fig. 3.10 

illustrates the initial 2D (cylindrical coordinates) air core model used to understand the behavior and 

magnetic field generated around an air core coil.  

 

 

Figure 3.10 Dimensions of initial 2D air core coil setup 

The magnetic field due to the above setup was measured at 3 different test locations: 

a) Vertical line coinciding with the coil axis (length = 15 mm) 

b) Lower horizontal line at 2 mm above the coil to measure off-axis values (length = 14mm) 
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a) Upper horizontal line at 4 mm above the coil to measure off -axis values (length = 14mm) 

Following are the process parameters used to generate the magnetic field around the given air core coil 

as depicted in Fig. 3.11.   

Total ampere turns = 3*800 = 2400A; Material of coil: copper; Number of turns of copper wire (N) = 

800; Coil inner and outer radius = 5mm; 10mm; Length of the coil = 20mm 

 

Figure 3.11 Magnetic field around an air core coil 

A MATLAB  code developed using the analytical models explained in section 3.1, was used to compare 

the results generated by finite element analysis (Fig. 3.15). A comparison of iron core and air core coils 

was also performed to drive the optimization process in the right direction. Fig. 3.12 illustrates the 

amplification of magnetic field due to the addition of an iron core with relative permeability of 4000. 

It can be observed quantitatively and qualitatively from Fig. 3.16 and Fig. 3.17 that the magnetic field 

increases approximately by 3 times due to the addition of an iron core to the coil. The following 

intensity plots illustrate the effect of addition of an iron core on the magnetic field at the three target 

locations as mentioned above. 
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Figure 3.12 Increase in magnetic field due to the addition of an iron core for 3 different test 

locations 

Fig. 3.13 and Fig. 3.14 illustrate the distribution of magnetic flux lines inside an iron core and on a 

sample testing location above the coil. 

 

Figure 3.13 Magnetic flux lines at a test location 5 mm above an iron core coil 
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Figure 3.14 Magnetic flux lines inside an iron core coil 

 

Figure 3.15 Comparison of iron core field results (on the axis of the coil) produced by analytical 

model (MAT) and FEA (MAX) using relative permeability 
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Figure 3.16 Comparison of Air Core and Iron Core Magnetic Field- lower horizontal location 

 

Figure 3.17 Comparison of Air Core and Iron Core Magnetic Fields - upper horizontal location 
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Fig. 3.18 compares the magnetic field at the lower horizontal location using MATLAB anlytical model 

and FEA simulatios. It can be concluded that the results of MATLAB and ANSYS completely overlap 

each other for an air core electromagnet. For ON axis case the magnitude of the total magnetic field is 

same as the magnetic field in the Z direction which is due to the fact that the radial components of the 

magnetic field cancel each other on the axis which leaves only axial component. It must be noted that 

óMTô represents Matlab analytical model and óMXô represents Maxwell finite element model. 

 

Figure 3.18 Verification of analytical and finite element results on lower horizontal 

After validating the benefits of an iron core electromagnet, two-step dimensional optimization was 

performed in Ansys 2D magnetostatic module. The first step includes optimizing the radial dimensions 

(inner and outer radii of the coil) using parametric sweep analysis, and the second step includes 

optimization of the length of the coil using the analytical method of Fabry factor for maximum power 

efficiency. Initially the optimization procedure is aimed at maximizing the force produced by an iron 
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core coil at 10mm working gap on the axis of the coil. The optimization is performed to maximize the 

force output at 10mm on a flat iron sheet of thickness 1 mm and radius 2mm, which in turn can be a 

representation of about 12 spherical particles of 1mm2 surface area. A series of parametric analysis 

were performed to understand the effect of individual dimensional parameters on the force and field 

output generated by an iron core electromagnetic coil. 

 

1. Effect of increase in length and coil thickness on force: Fig. 3.19 illustrates that for constant 

current density and constant core size the larger (in terms of length and coil thickness) the coil 

the higher the force output. Therefore, it is clear from Fig. 3.20 that for constant current density 

increase in coil size (radially or axially) results in increased force output.  

 

Figure 3.19 Effect of increase in coil thickness while keeping the core thickness constant at 5mm ï 

constant current density of 24 A/mm^2 
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Figure 3.20 Effect of increase in coil thickness and length on force keeping core thickness constant 

at 5mm ï constant current density of 24 A/mm^2 ï Force plot 

2. For an imaginary line on the axis of the coil, the magnetic field increases as the length increases 

(Fig. 3.21) at a constant current density of 24 A/mm^2. The horizontal axis of the plot 

represents the length of the imaginary line and each colored line in the plot represents a length 

of the coil which increases towards the top of the graph.  
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Figure 3.21 Variation of Magnetic Field on the axis of an electromagnet with increase in length 

3. Effect of current density for a fixed dimension on the force output on iron test particle: After 

fixing the geometry (fixed outer and inner radii) and length, the current density is varied to 

understand the trend of the force experienced at 10 mm above the coil cross section. It can be 

concluded from Fig. 3.22 that the magnitude of the total force increases with the increase in 

current density. 

 

Figure 3.22 Effect of variation in current density on the force output on an iron test particle 
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3.2.1.2 Optimum Volume Ratio of Ferromagnetic Core to Copper Coil 

It is apparent from above analysis that factors such as increase in length and coil thickness increase the 

force output on the iron particle. Therefore, the next step in the optimization process is to find the right 

balance between the volume of the core and the copper winding that should be used to produce 

maximum force on the axis of the ferromagnetic coil for a fixed outer radius. Fig. 3.23 and Fig. 3.24 

illustrate the effect of variation in inner radius of the coil/radius of the core on the magnetic field and 

force produced at an imaginary fixed point on the axis of the coil. 

 

 

Figure 3.23 Effect of varying coil inner radius/core radius and length with fixed outer coil radius on 

the magnetic field at a fixed location on the axis of the coil 
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Figure 3.24 Effect of varying coil inner radius/core radius and length with fixed outer coil radius on 

the force experienced by an iron particle at a fixed location on the axis of the coil 

Hence, increase in length increases both the force and magnetic field on the iron particles. However, 

increase in length has no effect on the optimized dimensions in the radial direction. However, from a 

power efficiency point of view, dimensions in the longitudinal direction are optimized using the concept 

of Fabry Factor. It must be noted that for core and coil the only variable parameters are length and 

thickness. The length (same for both core and coil), location of core origin (always 0) and thickness of 

core (coil inner radius) are some of the common variables between the core and the coil and hence 

facilitates the reduction of the number of variables in the optimization process. Fig. 3.28 also shows 

that for the same length if current density is varied the radius ratio (Ŭ) remains the constant. Fabry factor 

(G) for a ferromagnetic core can be formulated as: 
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Where, ‌  and ‍   
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r0 and ri are the inner and outer radius of the coil and l is the length of the coil. 

 

 

 

 

 

The maximum value of Fabry factor for any general case can be found by varying both, ‌ and ‍ from 

1 to 9 to get Gmax = 0.179 (Fig. 3.27). Hence our aim is to have optimized dimensions producing G 

closest to 0.179. The following table contains optimization results for 5 different cases of outer radii. 

Acceptable values of Fabry factor are found by varying ɓ from 1 to 4.1 (Fig. 3.26). This means length 

can vary from 6 mm to 24.6 mm and since the length of the coil is directly proportional to the force 

applied on the test particle, maximum value of length is selected as long as G πȢρφ. The results also 

match with the general dimensions of a ferromagnetic coil given by ςÒ ḙπȢφÒ  τ .  

Outer radius 

(in mm) 

Inner radius 

(in mm) 

Percentage 

of Core 

Length (in 

mm) 

 

Ŭ 

 

ɓ 

 

G 

10 3 30 24.6 3.33 4.1 0.1600 

15 4 26.67 34.48 3.75 4.31 0.1602 

20 4.5 22.5 40.14 4.44 4.46 0.1605 

25 4.5 18 50 ςὶ πẗφὶ 0.1518 

30 5 16.67 50 ςὶ πẗφὶ 0.1549 

 

Therefore, the percentage volume of core keeps decreasing as the size of the coil increases to maintain 

maximum force on the iron sheet at 10mm above the coil axis. 

Ŭ = 3.13 (router/rinner) 

Lateral dimensions optimized using 

FEA. 

ɓ = l/2rinner 

Optimized by iterating over the values 

producing fabry factor closest to 0.17. 
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Figure 3.25 Plot of variation of inner radius for a fixed outer radius of 10 mm 

 

Figure 3.26 Variation of ‍ with G to optimize the longitudinal dimensions 
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Figure 3.27 G contour plot with ‌ and ‍ 

 

Figure 3.28 Combined effect of change in current density and radius ratio on the force experienced 

by a test plate on the axis of the ferromagnetic electromagnet 
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Figure 3.29 Final Optimized dimensions for ON-axis optimization in 2D 

The above analysis was performed by aiming to optimize dimensions that produce a Fabry factor not 

lower than 0.16. Therefore, once alpha is optimized using FEA/Ansys Maxwell, increase in ɓ results in 

increased length, therefore leading to more force. However, increase in ɓ should not result in drop of 

Fabry factor below 0.16. ɓmax (with safe reasonable G) = 4.1 was considered in normal calculations 

and optimization sheet. Maximum Fabry factor is achieved for ɓ ranging from 1 to 1.91.  

 

The tangential forces (f t), generated due to the relative motion between the flexible magnetic 

abrasive brush and the workpiece, are responsible for the microchipping of the workpiece surface. 

However, microchipping will only take place if f t is greater than the resistance offered by the workpiece 

against its deformations (a function of material hardness, yield strength and ultimate strength). Normal 

forces, on the other hand, are responsible for the penetration/indentation depth of the MAPs into the 

workpiece [10]. Normal forces impact the change in surface roughness (ȹRa), this means that a constant 

normal force will not change the depth of indentation and hence ȹRa will remain constant, irrespective 

of the magnitude of the tangential force. An increase in current increases the magnetic field and hence 

the normal and tangential forces on the test particle also increase. However, for successful 
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microchipping of the material, the tangential forces must be maximized as well. This is because higher 

normal forces result in greater penetration and hence increased resistance for chip formation. To 

compensate for this increase in resistance the tangential forces will have to consequently increase. 

Therefore, we can conclude that force components form the basis of electromagnetic coil design.  

 

One of the most important parameters to be considered while designing a polishing apparatus 

using stationary electromagnets is that the tangential forces are not provided by the rotational motion 

of a mechanical equipment but through the controlled activation of adjacent coils at different instances 

of time. The forces in the x and y direction experienced by a test particle can be expressed by the 

following equations [4]: 

Ὂ ὠ…Ὄ
‬Ὄ

‬ὼ
 

Ὂ ὠ…Ὄ
‬Ὄ

‬ώ
 

Where, V is the volume of the abrasive particles in m3, … is the magnetic susceptibility of the MAPs, H 

is the magnetic field in A/m and  ÁÎÄ  are the variations of the magnetic field in the x and y 

direction respectively. Hence the total tangential force can be represented by: 

Ὂὸ Ὂ Ὂ  

Another important parameter is the griding pressure, defined as the pressure exerted by the MAPs on 

the workpiece surface [4]: 
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The above equation illustrates that the grinding pressure is proportional to the square of magnetic flux 

density (H). Therefore, the pressure can be increased by increasing the magnetic flux density. Since the 
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MAPs are not only restricted to the axial vicinity of the coil, dimensions are also optimized for off-axis 

force /fields test locations. This is achieved by calculating the forces on a test particle (disc with 1.1 

mm radius and 1.1 mm thickness) 4 mm away from the outer edge of the coil in Ansys 3D module. 

Table 2 illustrates the coil inner radius corresponding to 8 different cases of fixed outer radii of the coil 

and the optimum value of fabry factor (power consumption). Fabry factor is a dimensionless term which 

only depends on the shape of the coil and not size and hence is a function of normalized coil geometry 

[23]. It can be observed from Fig. 3.30 that the mean value (represented by a blue line) of coil inner 

radius for ON axis and OFF axis case covers both the OFF axis and ON axis range. Moreover, it can 

be observed that neither the ON axis nor the OFF-axis force values drop/rise steeply in this range. 

Hence, the average radius is considered while designing the coil. Each simulation was performed for 

constant outer coil radii. The location of the test particle is 10mm (below) on the axis of the coil.  

For example, consider the case of a 16 mm outer radius: 

Á Length of the coil = 20mm 

Á Coil inner radius for Maximum force OFF axis = 7mm 

Á Coil inner radius for maximum force ON axis = 4.5mm 

Á ON axis force for 7mm inner radius = 15.51 mN 

Á ON axis force for 4.5mm inner radius (maximum) = 20.93 mN 

Á OFF axis force for 4.5mm inner radius = 2.91 mN 

Á OFF axis force for 7 mm (maximum) inner radius = 3.37 mN 

Á Force at avg. radius (5.75mm) ON axis = 19 mN 

Á Force at avg. radius (5.75mm) OFF axis = 3.2 mN 

It is evident that there is an acceptable 9 % and 5 % drop in the peak force for ON axis and OFF axis 

case if  the average radius is considered. However, we have a steep peak for ON axis force plots and 
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hence if  average inner radii are considered, the emphasis should be on selecting values closer to the ON 

axis case as the curve flattens out near the peak for OFF axis case.  

Table 2 Optimization of single-coil dimensions based ON and OFF axis force variation and power 

consumption (Fabry factor) 

Router Rinner ï ON 

axis 

(in mm) 

Rinner ï OFF 

axis (in mm) 

alpha (range) Beta (range) 

with G higher 

than 0.16 

Fmax (ON-axis) 

mN 

Fmax (OFF-

axis) 

mN 

16 4.5 7 2.28 ï 3.55 0.82 - 3.63 22 3 

18 4.5 8.5 2.117 - 4 0.81 - 3.72 28 4 

20 4.5 8.5 2.35 - 4.44 0.9 - 4 38 4.7 

22 4.5 10 2.2 ï 4.89 0.9-4 48 5.3 

24 4.5 10.5 2.28 ï 5.33 0.9-4.27 58 6 

26 5 13.5 1.93 - 5.2 0.9-4 70 6.8 

28 5 13.5 2.07 - 5.6 0.9-4.27 76 7.5 

30 5 13.5 2.22 - 6 0.9-4.3 85 8 
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Figure 3.30 Variation of total Magnetic force (Mag F) with change in coil inner radius (variable) on 

the axis of the coil (bottom plot), at a location 4 mm away from the coil outer surface (top plot) 

The magnetic force experienced by an iron particle can also be expressed by the gradient of the 

magnetic potential energy [24].  

ὄ
‘

ς
​᷿ ὓẗὌὨὠ 

Where V is the volume of the abrasive particle. H and M are the internal magnetization and flux 

intensity. Also, the relation between internal magnetization (M) and magnetic flux intensity (H) in a 

vacuum can be expressed by the following equation: 

ὄ ‘ Ὄ ὓ  
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However, due to the small volume of the abrasive particles M and H are considered uniform. Hence, 

magnetic force becomes proportional to the gradient of the magnetic field [25]. 

Ὂ ‘ὠὓȢ​Ὄ 
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Furthermore, to understand the relation between force and gradient of the magnetic field, forces on an 

iron disc were measured at different locations on a horizontal imaginary line 10 mm below the flat face 

of the core tip and starting from the axis of the coil. It can be observed from Fig. 3.31 to Fig. 3.33 that 

the total magnetic force is proportional to both the magnetic field and the gradient of magnetic field. 

 

Figure 3.31 Variation of magnitude of the total magnetic force on a test particle moving on a 

horizontal line 10 mm below the core tip 
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Figure 3.32 Variation of the magnetic field gradient on a horizontal line 10 mm below the core tip 

 

Figure 3.33 Variation of magnetic field on a horizontal line 10 mm below the core tip 
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3.2.2 Optimization of Coil Geometry in 3D 

 

Figure 3.34 Cylindrical coil in 3D with test particle on the axis 

For final optimized dimensions of both ON axis and OFF axis cases, magnetic force was measured on 

the axis of a cylindrical coil with constant outer diameters and varying inner diameter (equal to the 

diameter of the core). A separate parametric analysis was performed by varying both length and radius 

ratios at the same time. For a three-dimensional case the same procedure was followed as used in 2D 

and initial comparison checks were performed to check whether results from 2D and 3D FEA models 

match each other (Fig. 3.35) with an acceptable margin of error. Fig. 3.36 and Fig. 3.37 provides an 

idea about the difference in the relative magnitude for ON and OFF-axis force outputs. To design a coil 

optimized for both ON and OFF axis force outputs for a test plate 10mm above the coil cross-section, 

8 different outer diameters were considered from 16 mm to 30 mm with a step increase of 2mm and the 

length of the coil was always fixed at 20mm. The analysis was aimed to have a definite range for coil 
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inner radius which produces maximum force at the test location. We know from our results in section 

3.2.1 that increase in length is directly proportional to the force generated on the power output, however, 

length cannot be increased infinitesimally due to concerns of power efficiency and heat generated. Once 

two different values of coil inner radius are obtained, the dimensions are subjected to optimization 

using power efficiency i.e. Fabry factor (G), where both ɻ ÁÎÄ ɼ are varied in MATLAB to achieve the 

maximum value of G.   

 

Figure 3.35 Comparison of Force Results from 2D and 3D  

The case of Router = 16mm is explained for the purpose of understanding the procedure followed to 

optimize the dimensions after FEA results are generated. Fig. 3.36 is a plot for the variation of force 

produced on an ON-axis test plate with varying inner diameters. The peak corresponding to 4.5 mm 

produces maximum magnetic force and similarly the corresponding value for an OFF-axis case using 

Fig. 3.37 is 7mm. Now, once we have a range of radial dimensions the next step is to optimize 

longitudinal dimensions using the concept of Fabry factor. Therefore, Rinner will vary from 4.5 mm to 7 

mm and ɓ will vary from 1 to 9 (or we can vary the length from 10mm to 80mm) and combinations 
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resulting in an acceptable value of Fabry Factor (usually above 0.16) will be selected. The above 

optimization process was carried out for 8 different values of outer radii. 

 

Figure 3.36 Force plot for ON-axis test plate with varying inner coil radius and constant outer 

radius of 16mm 

 

Figure 3.37 Force plot for on OFF-axis test plate with varying inner coil radius and constant outer 

radius of 16mm 
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3.2.2.1 Taper Coil 

For the purpose of space efficiency and to maximize the manipulation of abrasive particles in the 

working area, it is optimal to introduce a greater number of coils that can be activated in a defined 

sequence. Hence, the concept of taper coils is introduced. The following section will elaborate on the 

finite element parametric analysis done to understand the effect of taper both in the axial and radial 

direction for electromagnets with ferromagnetic cores. The section illustrates how a typical cylindrical 

electromagnet only marginally outperforms its tapered counterpart in terms of magnetic field. This is 

because coil wrap far from the central axis contributes negligibly towards the magnetic field as 

compared to the current elements in the proximity of the central axis [26].  

 

For defining the space efficiency of a coil system, we have defined a new parameter called 

mirror distance which is the distance used in finite element analysis setup to offset the initial coil from 

the origin in order to accommodate more coils. As it can be imagined that mirror distance would 

increase as the number of coils add up, because existing coils will  have to move farther away to make 

space for more coils. For a 3 cylindrical coil setup the mirror distance is 14 mm. The mirror radius 

almost doubles on doubling the number of coils from 3 to 6. This in turn reduces the intensity of the 

magnetic flux in the working area 

 

Two different taper geometries were considered a) a conical coil b) regular cylindrical coil with 

taper provided at one end. Taper radius is the lower radius of the coil which is essentially less than the 

radius of the cylindrical section. Taper length is the length of the taper section which should be 

minimized to avoid excessive reduction in magnetic field. Taper coils would always have less magnetic 

field as compared to its cylindrical counter parts due to reduction in the total number of current carrying 
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conductors in the cross section. Fig. 3.38 to Fig. 3.40 illustrate the effect of taper length and taper radius 

on the force components experienced by a spherical iron particle at an OFF-axis location for an un-

tilted coil.  

 

 

Figure 3.38 Normal/Tangential Force vs taper lower radius 

It can be observed that increase in lower radius increases both the tangential and normal forces, 

however, increase in length has an opposite effect due to reduction in the number of current carrying 

conductors. Furthermore, it is found that there is a 1.05 ï 3.5% decrease in magnetic field with 1mm 

increase in taper length. On the contrary the magnetic field increases by 1.29 - 4.93% with 1mm 

increase in taper radius. Hence, while optimizing the taper for a multi  coil setup, it is important to 

prioritize high radius and low taper length.  
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Figure 3.39 Fx, Fy, Fz, Mag F vs lower radius 

 

Figure 3.40 Normal/Tangential Force vs Taper Length 

Fig. 3.41 illustrates the comparison between a single cylindrical and a taper coil by plotting the 

magnetic field on the axis of the coil. The grey line represents coil with a taper length of 1 mm and 

taper radius of 7mm and the orange line represents a taper length of 10 mm and a taper radius of 6mm. 
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Conventional cylindrical coil is represented by the blue line. It can be clearly observed that a taper coil 

setup is able to produce a magnetic field close to 0.12 T. 

 

Figure 3.41 Comparison between cylindrical and taper coils with 2 different configurations 

3.2.2.1.1 Conical Taper Coil - ON axis and OFF axis force analysis 

A conical taper coil Fig. 3.42 is variation of conventional cylindrical coil with the radius away from the 

test specimen remaining constant but the face facing the test specimen has a lower radius which allows 

for better space efficiency. For this purpose, a coil dimension was considered with the outer radius 

being fixed at 20 mm and the radius of the taper end varying from 6 mm to 20 mm with a step increase 

of 0.5 mm with current density remaining constant.  
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Figure 3.42 ON axis analysis of conical taper coil 

Fig 3.41 illustrates how increase in taper significantly effects (almost linearly) the force on the test 

specimen. However, this does not conclude that conical taper coils are inefficient. The next stage in the 

conceptual design phase would work on the arrangement of coils in the 3D space and it would be the 

combined effect of the number of coils in the 3D space that would decide the efficacy of using conical 

coils and same would be the case with cylindrical taper coils analyzed in the next section. Fig. 3.44 

illustrates how taper is varied over each pass in finite element analysis. 

 

Figure 3.43 Effect of variation of Taper on ON axis force 
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Figure 3.44 Snippets from parametric variation of horizontal taper 

For OFF axis force analysis of the cone shaped taper coil the test sheet was always kept 4mm away 

from the outer edge of the larger diameter (Fig. 3.45), which is the same condition as analysed in the 

cylindrical case. Fig. 3.46 reveals the same trend as ON axis results. i.e force on the test sheet increases 

as taper increases, however, the increase in OFF axis case is not linear. 

 

 

Figure 3.45 OFF axis analysis of conical taper coil 
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Figure 3.46 Effect of variation of Taper on OFF axis force for a conical coil 

3.2.2.1.2 Cylindrical Taper Coil ï ON axis and OFF Axis Force Analysis 

 

Figure 3.47 ON axis analysis of cylindrical taper coil 

To minimize the effect of steep increase in force over the test plate as the horizontal taper increases 

another conceptual design was analyzed in Ansys Maxwell, where the outer diameter of the cylindrical 
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coil and the total length of the coil (20mm) were fixed  and the only variable parameters were horizontal 

and vertical taper which is defined as the increase in length of the conical section and decrease in length 

of cylindrical section while keeping the total length constant (Fig. 3.51). Fig. 3.48 depicts how increase 

in horizontal taper results in increase in force on the test plate.  

 

Figure 3.48 Effect of variation of Horizontal Taper on ON axis force 

 

Figure 3.49 OFF axis analysis of cylindrical taper coil 
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Similar procedure was followed for OFF axis force analysis as done in conical taper coil, where the 

outer edge of the test plate is kept 4mm away from the cross section of the coil having maximum 

diameter, which in this case is the cylindrical coil. Fig. 3.50 illustrate the effect of increase in horizontal 

taper with each pass. 

 

Figure 3.50 Effect of variation of Horizontal Taper on OFF axis force 

 

Figure 3.51 Snippets from parametric variation of vertical taper 

Vertical Taper can be defined as the ratio of the conical section to the ratio of the cylindrical section 

while keeping the total length of the coil constant. Fig. 3.52 illustrates that as the length of the conical 

section increases the force on the test plate (OFF axis) decrease which is due to the fact the total number 
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of ampere turns would decreases (N*I; where N is the total number of turns and I is the current passing 

through each turn).  

 

Figure 3.52 Variation of Vertical Taper for OFF axis force analysis 

3.2.3 Design of Ferromagnetic Core Tip   

The magnetic field gradient can be significantly magnified by selecting an appropriate core tip shape 

and core material. The geometry of the core tip is based on the length of the tip and its geometrical 

shape. This is a crucial design phase as core tip is used to direct and concentrate the magnetic flux lines 

in the working spot. Moreover, an extended core tip can also result in reduced leakage of magnetic flux. 

It has been observed that an appropriate core shape can increase the magnetic forces by about 10 times 

[27]. Iron was selected for the core tip as it has one of the highest relative permeability (4000) amongst 

metals. The length of the core tip is optimized based on the effect of core extension for the same 

constant distance between the core tip and the test particle-ON axis. It can be observed from Fig. 3.55 

and Fig. 3.56 that an increase in core length sharply decrease the magnetic forces on the iron particle 
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(for both ON axis and OFF axis case). However, this does not suggest that the design should eliminate 

the idea of a core tip.  

 

Moshe Stern et al. [27] compared the magnetic fields generated by 4 different tip shapes (Fig. 3.53) and 

found the following optimum core geometries for maximum magnetic force on the axis of the 

electromagnet based on the working gap (Fig. 3.54)  

1. 0 - 0.17 mm: Conical pole tip 

2. 0.17 - 7.5 mm: Parabolic pole tip 

3. Above 7.5 mm: Flat-top pole tip 

Since the aim of our project is to manipulate iron particles which are not always located on axial 

locations, it is required that the shape of the tip should be best suited for both axial and radial ranges, 

while maintaining high tangential and normal forces. It can be inferred from the above-mentioned study 

that using a flat pole tip also facilities our future for scalability of the entire setup. However, the study 

also found that at small distance (< 3 mm), parabolic pole tip generates about 10 times more force than 

its cubic counterpart.  

 

Figure 3.53 Variation of Magnetic force on the axis of an electromagnet with pole tip shape [27] 
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Figure 3.54 Force contour lines for flat, conical, parabolic, and cubic tip shapes [27] 

 

Figure 3.55 Effect of increase in core length (ON ï axis) on magnetic force for a constant working 

gap 

 

Figure 3.56 Effect of increase in core length (OFF ï axis) on magnetic force for a constant working 

gap 
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Since, magnetic field and total magnetic force decrease with increase in core length for constant 

working gap (measured from the tip), it is important to determine the minimum length of core extension. 

This can be achieved by considering general coil design formula for a typical electromagnetic coil 

(ὰ/ὰὧ=0.7~0.9) [28]. Where ólcô is the length of the core and ólô is the length of the coil, which was 

optimized as 41.4 mm for a coil with 16 mm outer radius and 5.75 mm inner radius. 

Therefore,  

ὰ

ὰ
πȢψ 

 

ὰ υρȢυ άά 

3.2.3.1 Optimization of Core Tip Geometry for a Fixed Tip Length  

 

Figure 3.57 Pole tip shapes 
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After fixing the core length more than 8 core tip shapes were used to optimize the maximum uniform 

force field ON and OFF the axis for electromagnetic coil. Constant volume approach was also used to 

for comparison, where the volume of a tip shape is used as a benchmark (cylindrical in this case) and 

new designs having the same material volume are compared for force and field outputs. However, it 

was found that this approach is inefficient as it limits the innovation in geometry shapes. Therefore, 

constant length of the different core tips was chosen as a parameter to compare different tip shapes. 

The length of tip extension was obtained as 10 mm in the previous section. The results of tangential 

and normal forces are summarized in table 3. It can be observed that except cylindrical full  chamfered 

case all other shapes result in a higher tangential force than normal forces for an OFF-axis test location. 

Cylindrical half chamfered produced the highest normal forces. This is because sharp 

edges/irregularities of the pole tip result in lower surface area which increases the number of flux lines 

per unit area to pass through. Moreover, it can be observed that a cylindrical tip shape produces the 

highest normal and tangential forces for the OFF-axis case and was among the top 3 shapes for normal 

force generation in ON-axis case as well. Hence, cylindrical core shapes are preferred as a symmetrical 

geometry which will  enable us to make our design scalable, adaptable, and versatile to different surface 

profiles. Effect of fillet  radius on flat face of a cylindrical tip is also studied in sub-section 3.2.3.2. 



 

71 

 

Table 3 Comparison of Normal and Tangential force for ON and OFF axis locations with varying 

tip geometries 

 

3.2.3.2 Effect of Fillet Radius on The Flat Face of The Cylindrical Core Tip  

After selecting a cylindrical shape of core tip, we tried to reduce the sharp edges of the flat face as it 

causes high peaks of magnetic force and field values due to sudden reduction in surface area which 

increases the number of flux lines per unit area. This was done by adding a fillet  to the flat face of the 

tip as shown in Fig. 3.58. However, as it can be inferred from Fig. 3.59 that fillet  radius does not have 

a notable effect on the tangential and normal force components and it decrease the tangential forces at 

off-axis locations. Moreover, as it will  be observed in the later sections that the peaks observed near 

the edges of the cylindrical tip are not observed in a tilted multi coil setup as the test particles are never 

subjected to these locations. 
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Figure 3.58 Variation in fillet  radius of a cylindrical core tip 

 

Figure 3.59 Effect of variation in fillet  radius of a cylindrical core tip on the tangential and normal 

forces 

 
Figure 3.60 Effect of Fillet radius on magnetic flux density in the working area [5] 
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It is important to note that the results of this section agree with the experiments performed by Al -Dulami 

[5]. Fig. 3.60 illustrates of the magnetic field lines in the working area, it can be observed that increase 

in tip fillet  radius decreases magnetic flux density in the working area, and fillet  radius r = 0 results in 

highest magnetic field for both ON and OFF axis locations. 

3.2.4 Optimization  of Coil Inclination  Angle 

As it can be observed from our findings in the previous sub-sections that a test particle placed on the 

axis of an electromagnetic coil results in negligible tangential forces due to symmetry along the x and 

y axis resulting in cancellation of minor force components. Although a major part of the tangential 

force will  be generated by the control law used to create a rotating magnetic field, we optimize our coil 

design for both ON axis and OFF axis locations. In this sub-section effect of inclination of the coil 

about a fixed point located at the bottom of the copper coil on its axis is studied to achieve higher 

normal and tangential forces. As it can be observed from Fig. 3.61 and will  also be reconfirmed in the 

subsequent sections that a range of angles between 45-55 degrees produces the highest amount of total 

forces while maintaining high tangential and normal components. These angles are further analyzed in 

a multi coil cylindrical and taper setup, and it is interesting to note that the optimized range remains the 

same. 

Case Normal Force 

(Maximum for cases 

with Tilt)  

Tangential Force 

(Maximum for cases 

with Tilt)  

Optimum Tilt  angle 

OFF axis + Tilt  29.119 mN 46.34 mN 510 
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Figure 3.61 Variation of Normal and Tangential forces with tilt  angle for a cylindrical tip 

 

 

Figure 3.62 Variation of magnetic field on a horizontal rectangular sheet due to varying angles of 

inclination ï Color plot1  

 
1 Z-axis represents magnetic field in mT 
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Certain tip shapes were separately simulated for coil angle inclinations, and it was found that angle of 

inclination to generate high tangential and normal forces is a function of core tip geometry. A case of 

cylindrical chamfered tip (Fig. 3.63) is presented below with an optimum inclination angle of 300 as 

compared to 500 in the case of cylindrical tip. 

Case Normal Force (Maximum 

for cases with Tilt)  

Tangential Force 

(Maximum for cases with 

Tilt)  

Optimum Tilt  angle 

OFF axis + Tilt  22.06 mN 33.85 mN 300 

 

 

Figure 3.63 Variation of Normal and Tangential forces with tilt  angle for a cylindrical chamfered 

tip 

 
  XY-axis represents the horizontal distance in mm 
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3.2.5 Comparison of a Square coil with  a cylindrical  coil  

Square coil is another commonly used coil shape. A square coil  

(Fig. 3.64) with side length equal to the diameter of the cylindrical coil was simulated for comparing 

the magnetic field on the axis and on a horizontal line (1 mm below the flat face of the tip spanning 

across the tip diameter + 1.25 mm on both sides) with a cylindrical coil and core shapes.  

 

Figure 3.64 Comparison of a Square and Cylindrical Coil Shapes 

Moreover, fillets we applied to the edges of the core and the coil to see the effect of transition towards 

a cylindrical coil shape. Fig. 3.65 and Fig. 3.66 illustrate the reduction in magnetic field with increase 

in fillet  radius on a vertical (on the axis of the coil, starting 1mm below the flat face) and horizontal 

line (1mm below the flat face).  



 

77 

 

 
Figure 3.65 Effect of Fillet radius on the magnetic field on the vertical line on the axis of the coil, 

starting 1mm below the flat face 

 

Figure 3.66 Effect of Fillet radius on the magnetic field on a horizontal line on the axis of the coil, 

1mm below the flat face 
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Hence, it can be inferred that a cylindrical coil produces a higher magnetic field as compared to a square 

coil for both ON and OFF axis locations. It was be observed that a current density (J) of 12 A/m2 is 

suitable for producing a uniform magnetic field of around 0.1 T on the axis of the coil and 0.23 T near 

the core tip edges. As it will  be illustrated in further sections that a multi coil setup inclined at an 

optimized angle is able to generate similar magnetic fields (0.2 T) at 1-1.5 mm machining gaps. 

3.2.6 Magnetostatic analysis of Multiple  cylindrical  coils 

A single coil cannot generate a rotating magnetic field and hence is unable to create the griding pressure 

necessary for surface finish. Adjacent coils in a multiple coil arrangement can be energized using a 

control model to generate a rotating magnetic field. However, before designing a control law it is crucial 

to simulate the magnetic field at various locations due to a multi-coil setup and understand the forces 

experienced by the iron particle with varying polarities, current densities, working gaps, and angle of 

inclinations, while maintaining high tangential and normal forces at all times. The following 

magnetostatic analysis is based on the forces experienced by a particle at different locations in the 

working area. Please note that the forces in the following sections are illustrated when all the coils are 

activated at once using a DC excitation, however, the polarities and current densities can be different. 

Moreover, at instances when the particle is along the axis of the coil or in the vicinity of the core tip it 

can be assumed that only one coil is energized as the effect of other coils on the iron particle is negligible 

due to increased working gap. Since, the iron particles in flexible magnetic abrasive brush are attracted 

towards each other along the magnetic lines of force due to dipole-dipole interaction it is also crucial 

to understand the contour plots of magnetic field and gradient of magnetic field in these cases. 
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3.2.6.1 Magnetostatic Analysis of Two Cylindrical  Coils 

The following analysis is performed for a set of 2 coils at varying distances apart with design parameters 

such as current, coil separation, location of test particle and polarity. The coils are inclined at an angle 

of 500 with the vertical as optimized in the previous sections. The analysis has been divided into two 

cases based on the polarities of the coil (Fig. 3.67 and Fig. 3.68). Please note that a single 

electromagnetic coil will  always attract an iron particle irrespective of the coil polarity. However, 

changing the polarity of two coils alters the path of magnetic flux lines. The magnetic forces are 

measured along a line 10 mm below the coils. 

 

It can be noted that only in the case of similar polarity the tangential forces are inherently higher 

than the normal forces. However, the forces in the case of opposite polarities are around 100 mN higher 

than the same polarity case. Lower tangential than normal forces in the case of opposite polarity is not 

a limitation in coil design as controlled activation of coil will  also add significantly to the component 

of tangential forces. 
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Figure 3.67 Force plot when both coils have same polarity 

 

Figure 3.68 Force plot when both coils have opposite polarity 
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Also, it can be observed that the tangential forces almost remain the same in both the graphs and only 

the parabolic normal force curve shifts upward. Moreover, since both the coils produce attractive forces 

irrespective of the coil polarities, the midpoint results in cancellation of tangential force components.  

 

Figure 3.69 Magnetic field contour/color plot due to two coils having same polarity, in the same 

plane 22 mm apart 

Now, to get an idea of the magnetic field in a direction perpendicular to the plane of coils, magnetic 

force is plotted for the case of same and opposite polarity along the centerline of the two-coil setup 

(Fig. 3.70 and Fig. 3.71). It can be observed that for the case of two coils with opposite polarities the 

normal forces are more than 30 mN higher than the case with similar polarities.  
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Figure 3.70 Total force on a test particle along the center line of the two-coil setup with opposite 

polarities 

 

Figure 3.71 Total force on a test particle along the center line of the two-coil setup with same 

polarities 
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To gain an understanding of the variation of magnetic field and the gradient of magnetic field between 

two coils of same polarity the above simulations were also plotted on a rectangular sheet. However, 

Ansys does not provide the ability to plot magnetic field on a rectangular sheet, this is done by plotting 

the magnetic field (Fig. 3.73) and its gradient (Fig. 3.74) on equally spaced line along the plane 

containing the two coils at 10 mm below the coil (Fig. 3.72). 

 

Figure 3.72 Equally spaces lines used to represent a sheet for plotting magnetic field and gradient B 

Therefore, it can be observed that the magnetic field between the two coils not only depends on the 

magnitude of current but also on the direction of current. Fig. 3.75 and Fig. 3.76 highlight the magnetic 

fields between two coils due to same and opposite polarity with varying current densities. Opposite 

polarities, (Fig. 3.75) result in higher magnetic field and lower peak drops towards the middle. 

However, for the case of same polarity (Fig. 3.76) the magnetic field is about 25 percent lower at the 

extreme ends and this difference increase as the test particle moves away from the coil. 
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Figure 3.73 Magnetic field on a rectangular plane between two coils with same polarity 

X-axis ï distance in x direction, Y-axis: Distance in y direction; Z axis: MagB 

 

Figure 3.74 Gradient of magnetic field on a rectangular plane between two coils with same polarity 

X-axis ï distance in x direction, Y-axis: Distance in y direction; Z axis: GradB 
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Figure 3.75  Magnetic field between the two coils with varying current density (opposite polarity) 

 

Figure 3.76 Magnetic field between the two coils with varying polarity (similar polarity) 
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As we move further with the optimization process, it was realized that due to the small size and sharp 

edges at flat faces of the test particle, meshing becomes a challenging issue in a cylindrical disk. 

Moreover, due to its lack of symmetry comparing results at different locations due multiple coils is 

inefficient. Therefore, a spherical test particle is selected to overcome the limitations due to its 

symmetrical shape, ease of scalability and no sharp edges. Hence, all finite element analysis from this 

section onwards are based on a sphere of radius 1mm instead of a cylindrical of radius and height 1.1 

mm. It must be noted that both the particles have the same volume and material. However, since all the 

previous simulations were performed using cylindrical test particles, it is important to compare the 

force components on both the particles. Fig. 3.77, Fig. 3.78 and Fig. 3.79 illustrate the force comparison 

between two particles. For this purpose, both the particles are placed at the same vertical location below 

the axis of the coil and are moved horizontally to a distance of 35 mm. Since the coil and the test particle 

is symmetric across y axis the forces in the y direction are negligible (µN range). It can be clearly 

observed that the force components for both the shapes produce similar trends with notable but minor 

differences.  

 

Figure 3.77 Comparison of total force for a cylindrical and a spherical particle with the same 

volume 
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Figure 3.78 Comparison of Fz for a cylindrical and a spherical particle with the same volume 

 

Figure 3.79 Comparison of Fx for a cylindrical and a spherical particle with the same volume 
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3.2.6.2 Three Coil Setup 

 

Figure 3.80 Color Plot of magnetic field due to 3 simultaneously activated coils 

Fig.3.80 represents the magnetic field contour produced by 3 coils having the same current density and 

direction. The red and orange areas represent the required magnetic field of about 0.2 -0.3 T. The 

colored circular disk is 1.5 mm below the last plane of the coil  setup cross-section. It can be observed 

that the blue regions are areas of less than 0.1 T and may result in loss of manipulation/control of iron 

abrasive particles. The goal of the following sections is to optimize a multi coil design which 

eliminates/reduces low field points in the magnetic field contour. This can be achieved by either 

increasing the power supply to the electromagnet or by optimizing the distance between coils. 

Moreover, it is evident from the above image and Fig. 3.82 that OFF axis optimization of coil 

dimensions was a crucial step in optimizing dimensions for a single electromagnet. Fig. 3.91 illustrates 

circular rings representing varying machining gaps. 
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Figure 3.81 Circular rings used to represent varying machining gaps 

 

Figure 3.82 Magnetic Field on circular tracks represented in Fig. 3.81 

For FEA simulation of a static magnetic field generated by 3 electromagnetic coils, 2 polarity cases are 

considered. Case I assigns all coils with same polarity and current density, case II  assigns alternate 

polarity to the coils (+-+). It must be noted that it is the nature of polarities that affects the force output 
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and not the signs of the actual polarity i.e. +-+ configuration is the same as -+-. Hence, to avoid 

excessive test runs only relevant cases are considered.  

 

a. Case I  

 

Figure 3.83 Force components on an iron particle on a circular track with variable radii also known 

as working gap2 due to 3 coils with same polarity 

Fig. 3.83 represents the force components on an iron particle in a 3-coil setup. It can be clearly observed 

that at 1 mm distance (blue line) highest magnetic forces are experienced. Moreover, one of the most 

important parameters for multi coil setup optimization is the magnitude of tangential and normal forces. 

 
2 -8 mm represents a working gap of 1 mm and it increases in the order of 6mm, 4mm and 2 mm. These values are the radii 

of the circular track followed by the test particle to record the magnetic force. The same notation will  be followed for all multi-

coil cases. 
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Fig. 3.84 illustrates that for each working gap/track radius the magnitude of tangential forces is higher 

than the normal forces. However, it must be noted that the magnitude of magnetic fields is very less as 

compared to the minimum required magnetic field of about 0.2 T. 

 

A 4-coil setup also produces similar results for same and alternate polarity setting. Therefore, 

it can be concluded that due to higher force, alternate polarity setting is more favorable. Moreover, 

since the magnetic field lines travel from north to the south poles, MAPs will  form high strength chains 

in the case of alternate polarity setting.  

 

Figure 3.84 Tangential and Normal forces vs angular position of the test Particle (3 coils-same 

polarity) 

As mentioned in sub-section 3.2.2.1 the mirror distance increases with the number of coils. In general, 

for the optimized dimensions the mirror distance increases by about 5 mm for each new coil addition. 

Therefore, following are the mirror distance for different coil setups: 
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1. 3 Coil: 14 mm 

2. 4 Coil: 20 mm 

3. 5 Coil: 25 mm 

4. 6 Coil: 31 mm  

 

Figure 3.85 Force components on an iron particle on a circular track with variable radii also known 

as working gap due to 3 coils with alternate polarity setting 
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3.2.6.3 Four coil Setup 

 

 

Figure 3.86 Iron particle on circular tracks on a 4-coil setup 

A four-coil setup also produces similar results as a 3-coil setup. The test particle experiences a 

maximum force on the axis of the coil i.e. at 0o, 90o, 180o, and 270o. Moreover, there is an acceptable 

drop in total force in approximately +- 20o sector (approximately uniform force fields). However, 

approximately 22% of the maximum force drops at locations where the particle is at the center of two 

adjacent coils. This drop is also a result of cancellation of forces due to equal attractive forces from 2 

adjacent coils. Moreover, it can be observed that the normal forces almost remain constant throughout 

the entire track which is very suitable for precisely controlling the change in depth of indentation. Fig. 

3.87 compares the force plots using adaptive meshing and inside selection length-based meshing (0.1 

for test and 4mm for core and coil) ï for efficient simulations. 
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Figure 3.87 Force components on an iron particle on a circular track with variable radii also known 

as working gap due to 4 coils with same polarity 

 

Figure 3.88 Tangential and Normal forces vs angular position of the test Particle (4 coils-same 

polarity) 
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Figure 3.89 Force components on an iron particle on a circular track with variable radii also known 

as working gap3 due to 4 coils with same polarity 

 
3 -8 mm represents a working gap of 1 mm and it increases in the order of 6mm, 4mm and 2 mm. These values are the radii 

of the circular track followed by the test particle to record the magnetic force. The same notation will  be followed for all multi-

coil cases. 
 



 

96 

 

 

Figure 3.90 Force components on an iron particle on a circular track with variable radii also known 

as working gap4 due to 4 coils with alternate polarity 

3.2.6.4 Four Coil Taper Setup 

The analysis of taper coils is conducted in two stages, first using an arbitrary taper value the coil 

polarities are tested for the alternate and the same polarity case and then the taper shape is optimized 

based on space efficiency and magnetic force. Fig. 3.91 and Fig. 3.92 illustrates the forces acting on an 

iron particle due to taper 4 coil arrangement with alternate polarity setting. 

 
4 -8 mm represents a working gap of 1 mm and it increases in the order of 6mm, 4mm and 2 mm. These values are the radii 

of the circular track followed by the test particle to record the magnetic force. The same notation will  be followed for all multi-

coil cases 
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Figure 3.91  Forces acting on an iron particle due to taper 4 coil arrangement with alternate polarity 

setting ï arbitrary Taper 

 

Figure 3.92 Comparison of Normal and Tangential forces for a 4-coil taper setup with alternate 

polarities 
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Now, to optimize the taper design different taper dimensions are tested and two of the iterations are 

discussed in this section, named as configuration 1 and optimized configuration. It must be noted that 

the optimization is done purely on the basis of space efficiency and magnetic field. 

a) Configuration 1:  

Á Lower radius of the taper section = 12 

mm 

Á Upper radius of the taper section = 15 

mm 

Á Radius of the cylindrical section = 16 

mm 

Á Height of the taper section = 14 mm 

Á Mirror distance achieved = 15 mm 

Á Reduction in mirror distance = 5 mm 

 

Figure 3.93 Forces acting on an iron particle due to taper 4 coil arrangement with similar polarity 

setting ï Configuration 1 

 








































































































