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Abstract

The future of quantum information is scaling to a ever larger number of qubits. Doing
so will require advances in the approach for all aspects of current experimental systems.
The QuantumION project is a large step in this direction. This project will provide an
open-access trapped ion quantum processor for the research community. The necessary
innovations for how QuantumION will be controlled and assembled represents a paradigm
shift from ad-hock disparate systems running the experiment to a well engineered, inte-
grated, quantum platform. These innovations will require coordinated work from many
contributors, and this thesis covers a few specific aspects of QuantumION to which the
author has contributed.

In this thesis laser cooling is numerically investigated with special attention paid to
external heating rates, laser linewidths, power limitations, and laser direction. Considering
all these imperfections a set of laser parameters are presented for both quenched resolved
sideband cooling and electromagnetically induced transparency cooling that in concert
will cool all motional modes to the ground state. A novel individual addressing (IA)
scheme is presented with detailed simulation showing < 10�5 intensity cross talk and the
first attempt at realizing this IA scheme is presented. The design philosophy for opto-
mechanical assemblies in QuantumION is discussed and an example assembly is walked
through the design process.
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Chapter 1

Introduction

Trapped ions are a leading platform for quantum computing, with experiments demonstrat-
ing fully programmable 11 qubit computers[1], partially programmable 53 qubit quantum
simulators[2], and a host of interesting single qubit sensing applications.[3] One advanta-
geous feature which makes trapped ions a leading platform is long coherence times.[4][5]
These are long coherence times even relative to the gate times, and better gate performance
is still being pursued as an active area of research. Recent results have demonstrated high
�delity gates[6], and improvements in gate times.[7] This gives the trapped ion system a
large gate volume, and the e�ciency of each gate is aided by the fully connected interaction
graph. Due to the long range Coulomb force arbitrary pairs of ions can be entangled in
a single operation1 which can be harnessed for speedup relative to only nearest neighbour
interactions.[8][9]

More broadly quantum information is a worthwhile research direction for two reasons:
it's a platform for investigating physics, and a host of near-term useful applications are
within grasp. Knowledge for it's own sake is a pure motivation and what has driven many
discoveries and paradigm shifts. However someone has to keep the lights on. Quantum
information strikes a nice balance, and the prospect of performing classically di�cult com-
putations e�ciently has applications to developing novel pharmaceuticals[10], optimizing
logistics[11], and cryptography.[12][13] Atomic clocks have re-de�ned the way time is mea-
sured and sit at the heart of the GPS system ubiquitous in the modern interconnected
world.[14] So quantum information is a test-bed both for human knowledge and for near
term improvement in quality of life. For these reasons pushing quantum technology re-
search towards greater understanding and greater availability is a worthwhile pursuit and
should be carried out with great vigor.

1Within reason. For 20 ions this is true however there is drop-o� in interaction strength and for a
su�ciently long ion chain this claim is modi�ed.
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1.1 Thesis Outline

The remainder of this chapter is dedicated to providing a primer on quantum computing
with trapped ions. The basic Hamiltonians which govern the system are derived and
discussed. The construction of the QuantumION project and where it di�ers from a typical
ion trap experiment are then discussed.

Chapter 2 motivates the need for cooling the trapped ions to near motional ground state.
Doppler cooling as the �rst stage in two-step cooling is discussed with the limitations of
this techniques setting the stage for sub-Doppler methods. Two techniques for reaching
the ground state are investigated at length. External heating sources and laser linewidths
speci�c to the Sandia trap and QuantumION lasers are factored into �nding ideal cooling
parameters for both techniques.

The next chapter discusses the challenges of individually controlling the quantum state
of each ion in a chain using addressing lasers. These challenges are overcome using a unique
guided light individual addressing system (GLIAS). This system makes use of a custom
micro-lens array (MLA) and the considerations leading to this approach as well as it's
implementation are covered.

Methods of building out opto-mechanical assemblies in accordance with the demands
of the QuantumION system are discussed in Chapter 4. The design philosophy is applied
to an example pegboard and initial results are discussed.

Finally Chapter 5 summarizes the thesis and discusses outstanding work for this project.

1.2 Quantum Computing with Trapped Ions

This section provides an introduction to the trapped ion quantum system. This background
information will be particularly useful for understanding Chapter 2. The �rst subsection
discusses the trapped ion system in the absence of any interaction with external �elds. To
perform interesting experiments the ions must interact with some external forces. Therefore
the next section discusses the interaction Hamiltonian between a trapped ion and a laser.

1.2.1 The Trapped Ion Hamiltonian

Atoms are a collection of protons, neutrons, and electrons. With hydrogen being comprised
of the fewest components and so the simplest. A remarkably accurate model of the hydrogen

2



atom can be made by considering an electron in a 3D con�ning Coulomb potential, and
this model can be tackled analytically![15] An ion is an atom which does not have the same
number of electrons as it does protons which gives it a net charge. Ionizing is most easily
achieved by removing a valence electron through photo-ionization, where a laser is used to
excite one of the valence electrons out of the con�ning potential. Ionizing hydrogen this
way would give you just a proton, and that system does not have the convenient hydrogen-
like energy structure so it's not a good candidate for trapped ion quantum computing.
Instead an atomic species is chosen which when singly ionized has a hydrogen-like energy
structure. Most easily achieved by taking an alkaline earth metal (group 2) species, which
have 2 valence electrons, and ejecting one of the electrons. Since the valence shell is at
a higher energy than the occupied orbitals, and all shells below are closed, this system is
now hydrogen-like.2

The energy levels below the valence shell are occupied by the remaining electrons and as
a fermion the valence electron can't fall below the valence shell, instead all the manipula-
tions of the electron are between di�erent excited energy levels above the valence shell. The
nearest available excited energy levels are typically drawn as the right portion of Figure 1.1
shows. The Rutherford-Bohr model is shown to the left for pedagogical purposes.

There are a host of useful numbers also listed in the diagram. The vertical axis is a
not-to-scale representation of energy where the S1=2 level is taken to be the ground state,
above it are all higher energy levels with the energy spacing between levels de�ned by
the wavelength of light needed to bridge the energy gap. This is useful for ion trappers
because laser color is an in-lab distinction with a convenient scale. The "green laser" is
more intuitive to say than the "563THz laser". Every excited energy level has a lifetime
listed above it. Since excited energy levels in atomic systems spontaneously emit photons
and decay to lower energy levels the rate at which decays occur has an associated time
constant, and this is the lifetime of the energy level. The D3=2 and D5=2 are deemed meta-
stable because their lifetime is so long that in experimental timescales the decay can be
ignored. The lifetime is also inversely proportional to the line-width of that energy level.
Spontaneous decay is subject to some selection rules which determine to which energy levels
decay is permitted, and even for allowed decay paths the likely-hood of going one way or the
other is not uniform. So the percentage on the �gure indicates what percent of the decay
from the excited state goes which way. Finally each energy level has a label in spectroscopic
notation, basically a compact notation borrowed from the spectroscopy community which
indicates all the quantum number information of that level (See Appendix A).

2In addition to this story there are some features which are critical forserious experiments, top among
them are a closed-loop cooling transition for laser cooling and F=0, F=1 hyper�ne levels in the ground
state for use as qubit energy levels.

3



Figure 1.1: On the left there is the Rutherford-Bohr model of an atom. This model
essentially shows just the principle quantum number and how many electrons can �t into
each principle quantum number. The diagram is illustrative but not technically correct
since all the n=6 energy levels would be in the valence level and the D3=2 and D5=2 levels
are below the valence level. There's a reason this model fell out of favour! On the right is
the typical method of drawing the atomic energy levels, all the occupied levels are omitted
and only the available (excited) energy levels are depicted.

Because the depicted energy levels are occupied by the electron they are called the
electronic energy levels and for identical ion species and isotopes all ions will have identical
electronic Hamiltonians. Keep in mind that each ion has it's own set of electronic levels
so for a chain of n ions there will be n copies of the atomic Hamiltonian. See:

He =
X

n

X

i

E i ji ihi j =
X

n

Eq

2
(jn; eihn; ej � j n; gihn; gj) =

X

n

~! q

2
� (n)

z (1.1)

with the most prevalent simpli�cation of the electronic Hamiltonian into a qubit also shown.
If the ion chain is being used as a chain of qubits in a gate model of quantum computing
then only the two levels being designated as spin-up and spin-down are relevant, and the
remainder can be omitted from the Hamiltonian. These two levels are separated by a qubit
frequency (! q) and can even be written with the Pauli operator formalism. Note that the
electronic levels of adjacent qubits do not interact and so the Pauli operators for di�erent
qubits commute.

The trapped ions are not �ying through space unabated though, they are trapped in a
potential, hence the name. This is a bene�t of using ions over atoms, that they interact
with electric �elds strongly through the Coulomb force and so can be "trapped". The
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trapping potential is approximated as a harmonic con�ning potential which brings in the
second part of the unperturbed trapped ion Hamiltonian�the harmonic oscillator:

Hm =
3nX

k

~! k(ay
kak + 1=2) (1.2)

This again is a well studied problem of a particle con�ned in a harmonic well and so all the
familiar ladder operators make an appearance.[15] For a single ion in a 1D potential there is
a single quantum harmonic oscillator (HO) with frequency! trap . However ions are trapped
in a 3D con�ning potential3 so for a single ion there are three harmonic oscillators each
with a characteristic frequency. For n ions each of them are con�ned in three dimensions
so there are 3n harmonic oscillators, again each with their own characteristic frequency.
The trapping parameters are chosen to have these systems be non-degenerate.

Since the motion of one ion a�ects the motion of the others through the Coulomb force,
the ion motion is written in terms of collective motional modes for the whole chain.[16]
The operators for one motional mode commute with those for another and with the Pauli
operators, but critically all ions see all motional modes. The coupling strength to the
motional modes is dependent on how much displacement a given mode induces on a given
ion. For an idea of the frequency range and structure of these motional mode frequencies
see Appendix C.

The full trapped ion Hamiltonian is the combination of these two well studied systems,

Hbare =
X

n

~! q

2
� (n)

z +
3nX

k

~! k(ay
kak + 1=2) (1.3)

Where the sum over n is a sum over n ions, and the sum over k is a sum over the 3
con�ning directions for the n ions. It's interesting how much depth can be added simply
by combining the two systems.

1.2.2 The Interaction Hamiltonian

The previous section was in the absence of any perturbations to the ion system. Since the
ions are in vacuum it's very di�cult to get at them with a screwdriver and instead lasers
are used for nearly every function needed in a trapped ion experiment.4 The laser �eld will

3A time averaged 3D con�ning potential not in violation of Earnshaw's theorem.
4Transitions with far-�eld microwaves work largely the same way but can only drive carrier transitions.

Near-�eld microwave transitions are somewhat di�erent.[17]
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interact with the ion and the interaction Hamiltonian is engineered to drive the trapped
ion system through laser cooling, quantum gates, state readout, and most every thing else.

The laser �eld will couple pairs of energy levels. To determine which pairs "see" the
laser, the ion is written as a multi-pole expansion and the interaction between the laser
and a dipole, quadrupole, octupole, etc., can separately be investigated. The interaction
strength drops o� rapidly as higher poles are considered so for typical con�gurations only
the �rst contributing term is considered. This is the distinction between dipole-allowed
transitions, ones which have a non-zero dipole term, and dipole-forbidden terms which
must have their quadrupole term considered.[18]

For this derivation only the dipole term is considered and the energy levels which are
coupled by the dipole operator are taken as a given. The interaction term is then written
as the dot product of the dipole operator and the electric �eld,

H I = r̂d � ~E = r̂d � ~E0 cos (~k � ~r � !t + � ) (1.4)

Where r̂d is the dipole operator and~E is the electric �eld. A plane wave is assumed, which
is accurate at the focus of a beam over the spatial extent of an ion. The wave propagates
along the k vector (~k) direction and is evaluated at the ion position,~r. The light oscillates
with angular frequency! and � is the laser phase. For a dipole-allowed two level system
this can be simpli�ed to[19]

H I = 
 � x cos (~k � ~r � !t + � ): (1.5)

where � x is a Pauli operator and
 is the Rabi-rate, the rate at which oscillations from
ground state to excited state occur when the laser is tuned directly on frequency, de�ned
as


 =
ejE j

~

r
5AE 1

ge � 3

64� 3c�
(1.6)

All the constants follow their usual de�nition and AE 1
ge is the Einstein-A coe�cient for the

speci�c transition.[16]

Since Chapter 2 is explicitly concerned with the geometric constraints on laser beam
direction the derivation is carried through without assuming a laser direction. Typically
the laser is implicitly assumed to be in the trap direction which makes calculations neater.
The bare Hamiltonian can the be written as

H0 =
~! q

2
� z +

x;y;zX

d

~! d
trap (ay

dad + 1=2) (1.7)
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where � z is the standard Pauli operator, ! trap is the trap frequency, anday, a are the
standard ladder operators for the HO.~ has been set to 1 for convenience. The �rst step
is to move to the interaction picture,

H I = eiH 0 t 
 � x cos (~k � ~r � !t + � ) e� iH 0 t

= 

�

ei! q � z t � xe� i! q � z t
��

ei
P

d ay
d ad ! d

trap cos (~k � ~r � !t + � ) e� i
P

d ay
d ad ! d

trap

�

=


2

�
� + ei! q t + � � e� i! q t

��
ei

P
d kd R̂d (t )ei ( � � !t ) + e� i

P
d kd R̂d (t )e� i (� � !t )

�
(1.8)

where in the interaction picture the r̂ vector becomes a generalized position operator. In
the position agnostic derivation this is justX̂ (t) = X 0(ae� i! trap t + ayei! trap t ), the position
operator in the Heisenberg picture, but keeping the laser direction information produces
three position operators for the three directions.

kdR̂d(t) = kdRd
0(ade� i! d t + ay

dei! d t ) = � d(ade� i! d t + ay
dei! d t ) (1.9)

It is also convenient at this point to de�ne the Lamb-Dickie (LD) parameter,

� d = ~k � êdRd
0 = cos�

�
�
�~k

�
�
�

r
~

2m! d
(1.10)

which is the ratio of the spatial extent of the ion over the wavelength of the interacting
laser.

The product of the spin and motional parts of Equation 1.8 produces terms at the
sum and di�erence of the qubit frequency and the laser frequency. By taking a rotating
wave approximation (RWA) only the terms at the di�erence between the laser and qubit
frequency are left, with the rest averaging out and being omitted.

H I =


2

�
� + e

P
d ik d R̂d (t )ei ( � � �t ) + H:c

�

H I =


2

�
� + ei ( � � �t )

Y

d

(eik d R̂d (t )) + H:c
� (1.11)

De�ne � = ! q � ! the di�erence between the qubit and laser frequency.H:c indicates that
there is the Hermitian conjugate of the previous term in the Hamiltonian as well.

Since the ion is well localized, especially after undergoing cooling, the Lamb-Dickie
(LD) parameter is small and the motional mode exponential can be expanded as a Taylor
series to �rst order in the LD parameter. If the ion species is too light, or the temperature
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is high, then the LD parameters would not be small enough to take the approximation to
�rst order. In this case higher order terms are needed which would result inn � 2; 3; : : :
sidebands being possible. Similarly if the LD parameter is too small, like in the case
of microwave radiation, then terms even to �rst order in the LD parameter would not
signi�cantly contribute to the system.

The result of this approximation is

H I =


2

�
� + ei ( � � �t )

Y

d

(1 + i� d(ade� i! d t + ay
dei! d t )) + H:c

�

H I =


2

�
� + ei ( � � �t )(1 +

X

d

i� d(ade� i! d t + ay
dei! d t )) + H:c

� (1.12)

When considering that the laser direction is not well speci�ed there are three expansions.
Multiplying out these three expansions will produce mostly terms to second and higher
order in the LD parameter. These higher order terms are omitted.

There are three cases where applying another RWA produces a useful result. First with
no detuning (� =0) the laser is on resonance with the bare transition and o� resonance
from any motional modes. A RWA then eliminates all� terms and gives the interaction
Hamiltonian for a carrier transition.

Hc =


2

(� + ei� + � � e� i� ) (1.13)

Alternatively the laser detuning can be equated to� ! f x;y;z g in which case an application
of the RWA will remove the carrier Hamiltonian and instead produce a Hamiltonian which
couples the spin and motional modes.

H rsb = cos�

 � d

2
(a� + ei� + ay� � e� i� )

Hbsb = cos�

 � d

2
(ay� + ei� + a� � e� i� )

(1.14)

The two types of sideband transition are then revealed with the red sideband exciting the
spin and removing a quanta of motion, while the blue sideband excites the spin and adds
a quanta of motion. Critically notice that this RWA also removes the excess directions,
only the motional mode which the laser is tuned to will see the laser and undergo sideband
transitions.

The conclusion of painstakingly carrying the laser direction through the calculations
can be see as only modifying the value of� by the overlap between the laser direction
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and the trap direction. Since the Rabi-rate for driving sideband transitions is scaled by
� e�ectively the overlap between the trap and laser modi�es how strongly sidebands can
be driven. This valuable information is used in Chapter 2. As well it's notable that the
carrier transition is not modi�ed by the laser direction because it does not see the trap
direction. If moving the laser relative to the magnetic �eld changes the selection rules for
the transition however this is accounted for in the dipole or quadrupole operator and will
also modify the Rabi-rate.

(a) Frequency space plot showing the three key types of
transitions. There are carrier transitions directly at the
transition frequency. These do not change the HO state
when absorbing a photon. To the left (right) there are
the blue (red) sidebands which represent a heating (cool-
ing) transition. While there are n � 2; 3; : : : ; j transitions
available, their strength of being driven scales as� j which
means in the Lamb-Dickie regime only� 1 and carrier tran-
sitions contribute signi�cantly.

(b) Ladder diagram showing the
e�ect carrier and sideband tran-
sitions have. The horizontal axis
is the harmonic oscillator energy
levels, and the vertical axis is
electronic levels.

Figure 1.2

1.2.3 Putting it Together

So far it's been established that trapped ions have a number of internal electronic states
and harmonic oscillator states. The electronic states can be manipulated by applying laser
pulses with controlled phase, frequency, and intensity. Crucially the interaction Hamil-
tonian also describes how addressing the electronic states can be used to interact with
the harmonic oscillator states. This will be important when considering laser cooling in
Section 2, but how are these concepts utilized for quantum information?

A gate model of quantum computing can be straightforwardly realized with just the
tools previously discussed. First a pair of electronic energy levels are designated as spin up
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and spin down. For instance the hyper�ne levels in the S1=2 manifold are most commonly
used. State preparation is done by optical pumping into the ground state.[20] Single
quibt gates are done by controlling the phase of the laser and driving carrier transitions.5

Following the classic paper by Cirac and Zoller entangling operations can be created.[21]
The insight in this paper is to use the sideband Hamiltonian to transfer the spin state of
the control qubit into a harmonic oscillator excitation, ie. if the system is spin down then
a blue sideband transition will excite a quanta of motion, if it's spin up then the system
is una�ected. Then this quanta can be used to �ip the spin of a target qubit dependent
on the HO state. The true procedure is a little more complicated but the concept is to
use the harmonic oscillator to mediate a spin dependent �ip of the target qubit based on
the control qubit with the insight that in the ground state the HO allows spin dependent
sideband transitions.

With a single entangling operation and the full compliment of single qubit rotations any
quantum computation can be done. This method has the complication that the HO must
be entirely in the ground state which is di�cult and short-lived in the presence of external
heating rates. More sophisticated methods of entangling qubits have been developed.[22]
However the idea of the HO as a quantum bus persists in these approaches.

State readout of the ion chain is done by performing state dependent �uorescence similar
to the optical pumping scheme. Simply put a laser is used to drive carrier transitions on a
short-lived excited state from which spontaneous decay re-emits photons that are collected
onto a camera. The trick is picking a set of energy levels where the spin up population
�uoresces and the spin down population does not due to appropriate selection rules.

1.3 QuantumION

Separate from the trapped ion platform there has been a steady increase in interest for
quantum computing with a commensurate increase in the potential applications of quan-
tum computers. Many of these applications can be veri�ed on Noisy Intermediate-Scale
Quantum (NISQ) processors and this drives a demand for experimental validation.[23] Due
to the prohibitive cost and man-power of building a NISQ processor cloud based quantum
computing has emerged as an economical and low risk alternative.

QuantumION is a project which is jointly supervised by professors Crystal Senko and
Rajibul Islam. This project aims to address the growing demand by providing an open-
access quantum processor based on the trapped ion platform. While there have been a

5For the hyper�ne levels Raman transitions are used.
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handful of cloud based quantum computing platforms made available, to date they are
all privately funded and operated. Thus researchers are not given access to the hardware
level of these devices without a lengthy non-disclosure agreement (NDA) process. This
is because most prospects of future pro�ts for these �rms are tied to their intellectual
property�and so they cannot make their designs freely available.

In this aspect QuantumION is a �rst, with the aim of providing full design �les to
the public. This is only possible due to the public funding provided by TQT through the
Canada First Research Excellence Fund. To make full use of the design �les a user of
QuantumION should also be allowed to control the full hardware stack. Building a control
system capable of such a feat is a challenge in it's own right and this is one of two main
areas of active research in QuantumION. For the progress the QuantumION team has made
in this regard see Freyet al. which demonstrates the unique full-stack quantum experiment
description language developed for QuantumION.[24] The other being the opto-mechanical
design of the QuantumION system. These two problems are strongly coupled as the optical
system must account for all the needed controls, and the electrical system should be able
to integrate all these controls. Designing for such an application imposes some additional
challenges which need to be addressed. These are summarized below.

ˆ Open-access: Full system design in made freely available and any person can submit
experiments to QuantumION without completing an NDA or lengthy back-and-forth.
Their submitted experiment will be queued and autonomously executed.

ˆ High-availability: Stemming from open-access to have a useful machine it must be
operational 24-7, with very limited down time for maintenance. This means heavy
control system integration and that graduate students can't be poking their heads in
every morning to tune mirrors!

ˆ Utility: The team building QuantumION is not in a position to say what controls
users will or won't want to use. One person's bad gate is another's PhD dissertation.6

Thus the goal is to let users decide for themselves what controls are useful and the
design team's goal is to build in as many controls as feasible.

1.3.1 Major Systems

The QuantumION experimental setup in broad strokes is not too di�erent from a typical
ion trapping experiment. There is a central vacuum chamber which must be pumped

6Credit to Richard Rademacher who coined this phrase and has repeatedly used it as a cudgel to keep
the design teams in line with this philosophy.
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Figure 1.3: Render of the QuantumION experiment room.

to ultra-high vacuum (UHV) to suppress collisions between the ions and gas molecules.
The Vacuum chamber sits on a custom Newport optics table which has been modi�ed to
include a slot down the center of the table for housing the ion �uorescence collection optics.
Surrounding the vacuum chamber there is an urban sprawl of optics for beam shaping and
delivering the half dozen wavelengths needed for trapped ion experiments. The optics are
housed on optical "pegboards" the design philosophy of which is described in Chapter 4.
These pegboards primarily receive light from optical �bres which in turn are supplied light
from an adjacent high-rise�the optics rack�which houses in standard rack drawers laser
heads, laser controllers, and a handful of other items which must be as close as possible
to the optics table. All of this is contained within a modular clean room manufactured by
ESC. Lining the outside wall of the clean room are the multiple electronics racks needed for
controlling the experiment. A patch panel approach has been implemented allowing easy
insertion of test or monitoring equipment between electronics racks, clean room, optics
rack, and optics table.

Sandia HOA 2.0

A di�erence of providence between typical trapped ion setups and the QuantumION con-
�guration is the use of a Sandia HOA 2.0 chip-trap instead of a "classical" Paul trap or
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Figure 1.4: Two types of RF trap. To the left a symbolic image of a 4-rod Paul trap. To
the right a render of the Sandia HOA 2.0 RF chip trap used in QuantumION

blade trap.[25] Ions are con�ned using a combination of static and time varying electric
�elds. Both types of �eld are needed as a consequence of Earnshaw's Theorem which for-
bids con�ning a charged particle using only electrostatic �elds. Since the time dependent
�eld usually oscillates in the radio-frequency (RF) these types of traps are referred to as
RF traps. The most conceptually straightforward implementation of a RF trap is a 4-rod
Paul trap, shown on the left in Figure 1.4. Chip traps operate on the same principle as
Paul traps, however the geometry is �at making the electric �elds di�cult to visualize.
The bene�t of a chip trap is that they have more electrodes allowing greater control over
the potential especially along the axial direction (See Appendix B for explanation on the
distinction between axial and radial directions). Having more control along the axial di-
rection helps produce a uniformly spaced ion chain and allows study of ion shuttling which
may become very important for scaling trapped ions. An image of the Sandia HOA 2.0
trap and the electrode pattern for the trap is shown in Figure 1.5.

1.4 Author's Contributions

In Chapter 2 a code base was developed based on the cooling theory developed by Rei� et
al..[27] This code built on Rei� et al. by including laser linewidths following Sawamuraet al.
and including external heating rates as a new contribution.[28] The code is all original tailor
written to the task of producing the results detailed in this thesis. Extensive simulations
were done to rigorously ensure the QuantumION layout and limitations would produce
near ground state cooling.

Chapter 3 details the QuantumION individual addressing approach with a particular
focus on the limitations to di�erent approaches and design of a working micro-lens array
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Figure 1.5: On the left is an image of the Sandia HOA 2.0 trap. On the top right is a
sketch of all the electrodes on the surface of the trap. The zoom view at the bottom right
is an image of just the quantum zone. The Y-junctions at the edges of the trap are for
re-ordering the ion chain.[26]

(MLA) solution. Extensive Zemax simulation was performed to design a MLA and bulk
telescope. In addition to the work documented in the thesis the author made signi�cant
contributions to the overall beam path design outside of the speci�cs detailed in the thesis.
The inciting idea for the QuantumION individual addressing scheme was conceived by
Dr. Matthew Day, the post-doctoral fellow overseeing much of the optical design for
QuantumION. The author's contribution was initially validating Dr. Day's approach, then
making the necessary modi�cations as di�erent aspects of the initial approach became
infeasible or otherwise had to be altered. The work of whittling down a concept into a
fully speci�ed design through intense scrutiny was the primary contribution of the author.

Finally Chapter 4 describes a design philosophy for making optical assemblies in Quan-
tumION and an example pegboard built with this approach is presented. As a COOP
student in Professor Islam's QITI group the author built the very �rst pegboard optical
assembly. This assembly displayed excellent stability even through a relocation of the lab
space. This performance has motivated further investment into pegboard optical assem-
blies. The work in this Chapter is entirely the author's contribution from part selection to
design and assembly. The machining was performed by an external machine shop.
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Chapter 2

Cooling

The electronic energy levels of a trapped133Ba+ ion, shown in Figure 2.1, begs the question:
why do the ions need additional cooling? Temperature �uctuations with the same energy
as the 1762nm transition would need the room to be at� 8000K. The key is to realize that
there are two energy scales: the internal electronic states and the motional modes which
behave like harmonic oscillators. The latter is used to mediate interactions between ions
in the chain. The equivalent temperature between adjacent HO energy levels for a 1MHz
motional mode is� 50� K. To make these states behave as the quantum bus it's crucial
to have a su�ciently low temperature. Fortunately trapped ions can be cooled to below
this threshold using only lasers. It is these techniques which will be investigated in this
chapter.

Figure 2.1: Full barium energy level structure with branching ratios and lifetimes. As well
the lasers which are available for driving resonant transitions are shown in the �gure as
arrows. For instance the lab does not have a 585nm laser.
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Two ground state cooling methods are investigated for the QuantumION con�guration.
Before they can be investigated the tools for executing this investigation are developed
in Section 2.1. These tools are used to investigate quenched resolved sideband cooling
(QRSC) in Section 2.2 and electromagnetically induced transparency (EIT) cooling in
Section 2.3. For both methods �rst the speci�cs of the cooling mechanism are described,
then expected cooling rates and cooling times are investigated. Finally a set of optimized
cooling parameters are presented which in both cases achieve suitably low temperatures
for the intended motional modes.

2.0.1 Typical Cooling Sequence

Figure 2.2: An example cooling sequence for QuantumION. Hot ions are subjected to
extended Doppler cooling which will bring all motional modes to the Doppler limit. Sub-
sequently EIT cooling is applied to the radial modes then QRSC is applied to the axial
modes. At the conclusion all directions will be in the motional ground state.

The required �nal temperature for successful experiments has progressed somewhat
over the past 30 years. The �rst paper to suggest a two ion entangling operation required
those ions to be in the ground state.[21] The next major step forward presented a method
of entangling ions without cooling to the ground state[22], however when the authors said
"hot" they meant around 5 quanta of thermal energy. Far from room temperature, and
farther still from the starting temperature of the atoms after being loaded into the trap.
Whether the ions are being loaded from a "classic" thermal oven or from an ablation oven
the "just caught" ions will be in the 500-3000K range.[29]

To address this essentially all trapped ion experiments require a cooling sequence ahead
of the actual experiment. There are a handful of cooling methods with varying levels of
obscurity, but the standard is a two step process. First the ions are Doppler cooled from
their "very hot" starting temperature down to the Doppler limit, 1 after which a ground
state cooling technique is used to bring the temperature down to the �nal temperature.
Cooling beyond the Doppler limit is necessary for contemporary experiments. The cooling
sequence which QuantumION will be using as a result of this work is to �rst Doppler cool,

1For the QuantumION con�guration and 133Ba+ this corresponds to temperatures between 3 and 50
quanta of thermal energy. See Table 2.1 for more on the Doppler limit for this system.
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then apply EIT cooling on the radial modes, and �nally use QRSC on the axial modes,
this sequence is shown in Figure 2.2. QRSC is used on the axial motional modes for
two reasons: �rstly the axial mode frequency span (from 206kHz to 1.8MHz) encourages
sequential cooling of the modes. Secondly the existing QuantumION laser layout only
supports ground state cooling of the axial modes through QRSC, all other considered
cooling techniques have no cooling power along the axial direction. EIT cooling is well
suited to the radial modes (2.6MHz to 3.3MHz) because laser parameters exist which will
cool all these modes simultaneously.

Doppler Cooling

Doppler cooling is a versatile technique which can cool a trapped ion system e�ciently
along all three principle axis using only a single laser beam. The cooling can be realized
on any short-lived transition for which a closed loop can be created. Closed loop meaning
that the electron will not be trapped in a long-lived energy level which does not interact
with the cooling laser. Typically the hardware requirements for Doppler cooling are lesser
than those needed for the intended experiment after cooling, and so Doppler cooling truly
is a workhorse in most experiments. The only drawback of this technique is that the
temperature limit for Doppler cooling, the so called Doppler limit, is usually too hot for
cutting edge experiments.

Deriving the Doppler Limit

A hot ion can be treated as a classical object undergoing harmonic motion which is de-
scribed by

v(t) = v0 cos! trap t (2.1)

Where v(t) is the velocity as a function of time, and! trap is the characteristic frequency
of the harmonic motion, also frequently referred to as the trapping frequency. In the limit
! trap � � cooling is much faster than the motion of the ion, and so the radiation pressure
can be modeled as a continuous friction force for each instantaneous velocity. Where� is
the spontaneous decay rate from the excited energy level.[19]

Since the cooling is fast relative to the motion the momentum kick can be taken as a
derivative:

� p
� t

! trap � �
�

dp
dt

� Fa = ~~k� � ee (2.2)

The rate of change in the momentum is then straightforwardly equal to the change in
momentum for a single cooling event (~~k) scaled by the rate of decay from the excited
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state (� ) times the likelihood of �nding the system in the excited state (� ee). For a simple
two level system with a single driving laser the excited state population is

� ee =
s=2

1 + s + 2( � ef f =�) 2
(2.3)

where� ef f = � � ~k �~v, the laser detuning (� ) minus the Doppler shift of the light in the ion
frame, ands is the saturation parameter de�ned as s=2j
 j2=� 2. Where 
 is the Rabi-rate
as de�ned in Section 1.2.2.

As the ion approaches it's �nal temperature the velocity is small enough that the friction
force can be approximated (Fa) as a Taylor series to the �rst order,

Fa =
X

n

F (n)
a (v)
n!

vn � F0(1 + �v ): (2.4)

Note the velocity entered this expression from� ee. The zeroth order term is

F0 =
~k�

2
s

1 + s + (2� =�) 2
(2.5)

this is the radiation pressure which displaces the ion from the tap center. The �rst order
term is scaled by

� =
8k
� 2

�
1 + s + (2� =�) 2

(2.6)

which is called the friction coe�cient, and is the term which produces the cooling e�ect by
dampening the motion of the ion analogous to adding a friction term to a classical object
in harmonic motion. Notice that the F0 term can never be negative, meaning the zeroth
order term can never contribute to cooling. Meanwhile the �rst order term (labeledF1)
can be tuned to be cooling by having a negative� . So the cooling rate (_Ec), modeled as
viscous drag, is the product of the velocity and friction force:

_Ec = hFavi = F0(hvi + �


v2

�
) = F0�



v2

�
; (2.7)

The zeroth order term can be set to zero by observing that over many oscillation cycles
it will average to zero. An equivalent statement is that the zeroth order term is linear in
velocity so will average to zero as the ion moves back and forth, while the �rst order term
is quadratic in velocity so will not average out.

As alluded to earlier, there is a limit to the achievable temperature through Doppler
cooling and a primary limitation is the momentum kick each spontaneous emission imparts
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on the ion. This e�ect manifests as a heating rate (_Eh) which works against the cooling
rate.

_Eh = (1 + � )
~2k2

2m
� � ee

�
�
�
v=0

(2.8)

Notice this heating rate is proportional to the momentum kick from a single photon
(~2k2=2m) scaled by the scattering rate from the excited state (� � ee) where � ee is eval-
uated at zero velocity. � comes from the spontaneous emission angular distribution; since
the ion will scatter light in all directions, but considered here is a 1D trap, only a portion
of the scattered light will contribute to heating in this one direction. For dipole allowed
transitions � =2/5.[30]

By equating the heating and cooling rates an expression form hv2i can be extracted.
The average kinetic energy expressed as an expectation value for the number operator is
then:

�nmin =
�

p
1 + s

4! trap
(1 + � ): (2.9)

However the Doppler limit is more commonly written as

�n =
7
p

2�
20! trap

�
�

2! trap
(2.10)

where the "ideal" parameters, which maximize the friction force, have been substituted
into the more general expression. These are
 = � and � = � � =2.

Using the simplest form of Equation 2.10 the Doppler limit for the expected trapping
frequencies in the QuantumION trap can be tabulated in Table 2.1. These numbers are
crucially important since this will be the starting temperature for all subsequent sub-
Doppler cooling techniques. See Appendix C for more on the expected trapping frequencies.
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Motional Mode (MHz) Doppler Limit ( �n)
3.000 3.358
2.690 3.744
3.300 3.052
3.021 3.334
1.886 5.340
0.206 48.902

Table 2.1: The Doppler limit calculated on the S1=2 - P1=2 transition in the 133Ba+ ion
where � =20.1MHz. Values listed for the highest and lowest frequency modes along all
three directions. See also Appendix C.

The Doppler cooling Hamiltonian after transforming to an appropriate rotating frame is

H =
�

0 
 =2

 =2 �

�
(2.11)

where� is the detuning from the carrier frequency, and
 is the Rabi-rate. This Hamilto-
nian can be plugged into the tools developed in Section 2.1 and the analytical results above
can be veri�ed. The Doppler limit in the numerical simulations matched the analytical
prediction and the optimum cooling parameters did in fact correspond to the location with
the fastest cooling rate. As foreshadowing of the following sections the coldest tempera-
ture was not for the same parameters which maximize cooling rate. External heating rates
were added to the simulation and it was found that Doppler cooling is still e�ective. See
Figure 2.3.

These types of plots will be used throughout this chapter, especially for parameters
scans, so it's worthwhile to review how they are intended to be read. To the left is a contour
plot of the log of the steady state temperature, so a contour labeled 0 would correspond to
an expectation value of 1 for the harmonic oscillator, or one quanta of heat energy in the
system. In the top right of the plot is the external heating rate for the calculations, more
on this in Section 2.1. The large swaths of white-space are areas where cooling was not
possible; the heating rate is greater than the cooling rate. And �nally along the axis are
the parameters being scanned in Hertz, in this case it is the power in the cooling beam as a
Rabi-rate, and the detuning of the cooling beam (with an implied negative sign). The plot
on the right has the same structure, however instead shows the coolingrate. These two
parameters largely de�ne how cooling behaves and often are inversely related. Especially
in the absence of external heating tuning the lasers to lower power usually improves the
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steady state temperature at the cost of cooling rate, conversely increasing power increases
the cooling rate at the cost of steady state temperature.

(a) Average phonon number for the 206kHz
motional mode through scanning the cool-
ing laser detuning (� ) and power (
 ).
Dashed red lines at
 = � and � = � =2.

(b) Cooling rate for the 206kHz motional
mode with the same parameter scan as Fig-
ure 2.3a.

Figure 2.3

Sub Doppler Methods

Table 2.1 shows that under ideal cooling conditions many of the motional modes would
be too hot for even the entangling operations proposed by M� lmer and S� rensen.[22] Thus
cooling techniques which can go below the Doppler limit must be investigated. The pri-
mary contribution to the Doppler limit that the ions continue to absorb and emit photons
after being cooled; This process produces an excited state population which contributes to
heating through di�usion. To reach the ground state a cooling technique needs to scatter
less light at lower temperatures reducing the di�usion coe�cient's contribution to the �nal
temperature.

The two techniques investigated in this thesis which achieve this are electromagneti-
cally induced transparency cooling (EIT Cooling) and quenched resolved sideband cooling
(QRSC). The EIT e�ect is when an electromagnetic �eld pumps a medium into a coherent
dark state. This is observed by a greatly diminished absorption pro�le using a second
"probe" �eld at speci�c detunings. By engineering the transparency location to suppress

21



Figure 2.4: Frequency space plot showing the three key types of transitions. There are
carrier transitions directly at the transition frequency. These do not change the HO state
when absorbing a photon but can decay into any off n � 1; n; n + 1g. To the left (right)
there are the blue (red) sidebands which represent a heating (cooling) transition. While
there are n � 2; 3; : : : ; j transitions available, their Rabi-rate scales as� j which means
in the Lamb-Dickie regime only� 1 and carrier transitions contribute signi�cantly. See
Section 1.2.2 for details. Superimposed on these transitions are absorption pro�les which
represent the three types of cooling investigated in this thesis. In light blue is Doppler
cooling with a very broad peak, this broadness leads to excitation of heating and carrier
transitions which leads to the Doppler limit. QRSC (grey) and EIT cooling (orange) both
suppress unwanted transitions by being narrow linewidth and engineering a transparency
respectively.

carrier transitions the same S1=2 to P3=2 transition which was too broad in a Doppler con-
�guration can be used to cool to the motional ground state. Resolved sideband cooling
instead addresses speci�cally the cooling transition with a laser narrow enough to be far
detuned from carrier and heating transitions. Notice that the red sideband transition is
impossible when the HO is in ground state since it requiresn ! n � 1, so RSC reduces
the di�usion by ceasing to absorb photons if the HO is in the ground state.

2.0.2 Cooling Direction

A �nal nuance of cooling which has recently come into the forefront of trapped ion quantum
computing is the question of which motional directions need to be cooled. Previously it
had been thought that only the directions which will be used for quantum operations need
to be cold. Only the quantum bus needs special care, the other directions don't couple
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strongly to the ions during computation and so don't a�ect quantum operations. This turns
out to not be the case for some individual addressing schemes. Speci�cally, Cetinaet al.
show that excessive motion in the axial direction can cause decoherence if tightly focused
addressing beams are used, like the beams used in the QuantumION individual addressing
scheme (See Chapter 3).[31] The ion will move in and out of the addressing beam's focus
as it experiences thermal motion causing �uctuations in Rabi-rate and decoherence. Along
the same theme Westet al. demonstrate that if the ions are seeing a gradient in laser
intensity along an axis, for instance if the ions were shifted perpendicular to the addressing
laser direction, then they can have motional modes along the gradient direction excited.[32]
These two factors can play o� each other, with the axial motion moving the ion out of
the beam focus that then excites further motion which further displaces the ion forming
a feedback loop. For this reason QuantumION needs to have the capability to cool in the
axial direction. (For the de�nition of radial and axial directions see Appendix B)

Doppler cooling makes use of a single beam at 45� to all principle axis which ensures
that the Doppler limit will be reached for all directions. A question investigated in this
thesis is whether the ground state can then be reached in all three directions given the
laser beam con�guration in QuantumION, and what techniques will have to be employed
to reach the ground state in all directions?

2.1 Cooling Model for Calculating Useful Parameters

Some tools need to be developed to extract useful parameters for the QuantumION cooling
scheme. Of particular importance are expected �nal temperatures, cooling times, and laser
parameters needed to achieve this. Fortunately all of this can be found using the method
presented in Rei� et al., which is reproduced here.[27]

For trapped ion systems cooling is a stochastic process in which the population density
of the motional modes are driven towards the ground state. This action has many caveats
and complications, however this analysis begins with a simple single trapped ion in a 1D
harmonic potential and in the resolved sideband regime. Generalizing to n ions in a 3D
harmonic potential is straightforward. For now the resolved sideband regime is taken to
mean that the harmonic oscillator energy levels are well resolved. The ion will start with
some thermal distribution of population. In the density matrix formalism this can be
written as

� 0 =
X

n

cn jnihnj (2.12)

wherejni are the harmonic oscillator number states.
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(a) For each energy level there are two
quantum channels available. A cooling and
a heating channel.

(b) Alternative view showing the same con-
cept. Note that there are two arrows driv-
ing heating. The bold is fromA+ due to o�
resonant scattering and e�ects dependent
on laser con�guration, the second,RHeat ,
is due to external heating e�ects.

Figure 2.5

For each HO level during the cooling process there are two quantum channels available:
a heating channel, and a cooling channel. A diagram of this is shown in Figure 2.5. The
rate at which the cooling (heating) channel is taken is captured by theA � (A+ ) parameter.
The result of taking either channel is

� A + = ay�a =
X

n

ay jnihnj a

=
X

n

p
n + 1 jn + 1ihn + 1j

p
n + 1

=
X

n

(n + 1) jn + 1ihn + 1j = ( n + 1) � n+1

� A � = a�a y =
X

n

a jnihnj ay

=
X

n

p
n jn � 1ihn � 1j

p
n

=
X

n

(n) jn � 1ihn � 1j = ( n)� n� 1

(2.13)

where the cooling (heating) channel is on the right (left).

Figure 2.5a shows the channels available to any HO level, however the useful parameters
for cooling are aggregate parameters. The average temperature, the time to reach this
average, the average cooling rate. So Figure 2.5b shows the same process but instead
looking at the probability density for each energy level. Equation 2.13 shows where the
n+1 and n prefactors in Figure 2.5b come from. With this in mind the change in average
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occupation of any HO level can be read o� the �gure as

_Pn = ( n + 1) A � Pn+1 + nA+ Pn� 1 � ((n + 1) A+ + nA � )Pn (2.14)

which is dictated by the rate of population entering and leaving a given level.2

2Note this is an application of a continuity equation which maintains conservation of probability
current.
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The equation can further be re-written to describe the change in expectation value of
the number operator�the measure of temperature for HO systems:

hni =
X

n

nPn

h_ni =
X

n

n _Pn

=
X

n

n[(n + 1) A � Pn+1 + nA+ Pn� 1 � ((n + 1) A+ + nA � )Pn ]

=
X

n

A � (n(n + 1) Pn+1 � n2Pn ) +
X

n

A+ (n2Pn� 1 � n(n + 1) Pn )

=
X

n

A � n(n + 1) Pn+1 �
X

n

A � n(nPn )

+
X

n

A+ ((n + 1)( n � 1) + 1) Pn� 1 �
X

n

A+ (n + 1)( nPn )

Adjusting the index of each sum to line up terms of matching n

=
X

n

A � (n � 1)(nPn ) �
X

n

n(nPn )

+
X

n

A+ (n + 2)( n)Pn +
X

n

Pn �
X

n

A+ (n + 1)( nPn )

=
X

n

A � [(n � 1) hni � n hni ] + A+ [(n + 2) hni + 1 � (n + 1) hni ]

h_ni = � (A � � A+ ) hni + A+

(2.15)

From this DE two useful regimes can be considered. First the steady state temperature
which is simply found by setting the time derivative to zero

hni ss = �nss =
A+

A � � A+
=

A+ + RHeat

A � � A+ � RHeat
(2.16)

The second is to solve the DE for intermediate times producing the time dependent tem-
perature function

hni t = hni 0 e� (A � � A + )t + hni ss (1 � e� (A � � A + )t )

= hni 0 e� (A � � A + � RHeat )t + hni ss (1 � e� (A � � A + � RHeat )t )

= hni 0 e� (W � RHeat )t + hni ss (1 � e� (W � RHeat )t )
(2.17)
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The steady state temperature is the primary metric of interest. Su�ciently low tem-
peratures must be reached and this is the �rst check of whether that's even possible given
enough time. The time dependent function instead gives an idea of what coolinglooks like,
but a more compact measure of cooling times would be the time constant, which is the
inverse of the cooling rate:

W = A � � A+ = A � � A+ � RHeat : (2.18)

Notice the cooling rate (W) has the very intuitive form; the cooling rate minus the heating
rate, with an additional external heating term. The addition of external heating rates
is typically3 omitted from cooling papers and is not mentioned by Rei� et al., but for
experimentalists is incredibly salient!

External Heating

This is a good time to discuss the di�erence betweenA+ and RHeat . The former is due
to heating e�ects inherent to the laser con�gurations, the latter is due to external heating
e�ects. Shortly a method for calculatingA+ will be discussed and this parameter enter into
optimization for optimal cooling. The external heating in contrast is independent of the
laser con�guration, is always present, and is primarily due to electric �eld noise from the
trap.[33] By recognizing that heating can be divided into these two types, and that external
heating can be appended to the atomic simulations by modifyingA+ ! A+ + RHeat more
realistic simulations can be achieved with minimal alteration of the method.

Adding external heating also makes the simulation more robust. Reducing laser power
is often an easy way to improve steady state temperature. This is because lower powers
reduce o� resonant e�ects and minimizeA+ . Intuitively it's clear that this can't be done
inde�nitely. Eventually the power will approach zero and the time to reach temperature
will approach in�nity. By including external heating rates reducing laser power below
an optimal amount is discouraged. SinceA � is also diminished by reducing laser power
and if there is a �xed RHeat which A � has to compete with, then a timescale is naturally
introduced to the problem.

Until the full experimental setup is assembled, ions trapped, and QuantumION oper-
ational, a true heating rate can't be known. An advantage of using the Sandia HOA 2.0
trap however, is that other groups have used the trap and reported heating rates. This
allows an estimate of heating rates to be made based on available literature. This is shown
in Table 2.2. Based on this survey heating rates of 2000q/s in the axial and 100q/s in the
radial directions look like reasonable, conservative, placeholder external heating rates.

3The author has not seen it in any published paper on cooling.
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Heating (q/s) Direction Species Details

188� 10 Radial 171Yb+ Perpendicular to trap[34]

88� 6 Radial 171Yb+ Parallel to trap[34]

40 Radial 171Yb+ ! trap =2.8MHz, ! RF =50MHz [35]

100 unspeci�ed 171Yb+ unspeci�ed [36]

780� 50 axial 171Yb+ ! axial =2.5-5.2MHz, ! radial =12.7MHz[37]

� 2000 axial 88Sr+ ! trap =600kHz[38]

Table 2.2: Literature survey of heating rates for chip traps. As mentioned in Section 2.0.2
the axial heating rates have not been critical parameters until very recently and so it is
challenging to �nd published heating rates for this direction. Above the horizontal bar are
results for the Sandia HOA 2.0 trap, below the line is �rst a result for a Sandia National
Labs trap but not the HOA 2.0 model, and �nally a trap not manufactured by Sandia.

Calculating A � and A+

From Equations 2.16 and 2.18 it's clear that the primary cooling metrics are dependent
on A � . So calculating key cooling parameters is a matter of calculating the rates at which
heating and cooling transitions are driven by the laser con�guration under test.A � are
the rates at which the ion system gains or loses energy from the environment. The master
equation formalism allows any coupled open system be written as

d�
dt

=
1
i~

[H; � ] + L d� (2.19)

where� is the density operator of the atom and trap system, H is the full Hamiltonian for
the atom and L d is the Liouvillian super-operator which couples the atomic system to the
environment through spontaneous emission.[39]H can be further divided into three terms

H = H trap + Hatom + H int (2.20)

whereH trap is the harmonic oscillator Hamiltonian associated with the motional modes of
the ions con�ned by the trapping potential of the RF trap. Hatom is the internal Hamilto-
nian of the atom where the energy level structure of the atom is captured. FinallyH int is
the interaction term which couples the trap Hamiltonian to atomic Hamiltonian.

For this analysis the interaction term is expanded using the multipole expansion of the
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electric �eld.

H int = Hdipole + Hquadrupole + : : :
(2.21)

For dipole allowed transitions this expansion can be terminated at the dipole term. However
for dipole forbidden transitions, like the S1=2 to D5=2 transition, the dipole term is zero and
the expansion must be taken a term further. These are quadrupole transitions.[40]

For now we will only take the expansion to the dipole limit.[27].

H int � Hdipole =
X

i;j

~
 i;j (~x)(Rij + Rji ) (2.22)

Where
Rij = Ry

ji = jj ihi j ei~k ij �~x (2.23)

In the Lamb-Dicke regime de�ned by1 � � = cos�
�
�
� ~kij

�
�
�
q

~
2m! t

the ion is well localized.
Because of this the dipole interaction operator can be further approximated as a Taylor
series around the center of the trap.

Hdp(x) � Hdp(0) + x
� @

@x
Hdp(x)

�

x=0
= Hdp(0) + xF (0) (2.24)

Note for convenience@
@xHdp(x)x=0 will be written as F (0). This form of the dipole operator

is simple enough to work with. The speci�c operator will be dependent on the laser
con�guration and which transitions are allowed by selection rules. Taking this abstract
form as a given, the cooling and heating rates are

A � = 2 Ref S(� ! trap ) + Dg (2.25)

whereS is the auto-correlation of the dipole force andD is the di�usion coe�cient. The
auto-correlation is simply a convenient method of calculating the rate at which a transition
at � ! trap is excited. The di�usion coe�cient is identical in function to the Doppler cooling
case, and has a generalized de�nition:

D =
X

i;j

� ij � ij
~k2

ij

2M! T
hji ihi ji SS;In

=
X

i;j

� ij h� ii i � ij � 2
ij

(2.26)
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� i;j is the decay rate from the energy levels i and j,� i;j is the angular distribution of the
spontaneous emission, andh� ii;ss i is the steady state expectation value of the excited level.
While this term is suppressed with QRSC and EIT cooling it does still contribute to the
�nal temperature as it did for the Doppler cooling case.

The auto-correlation is typically expressed in the integral form however it's far easier
to perform matrix computations for numerical simulations which is why it's re-written
like:[27]

S(� ! T ) =
~

2M! T

Z 1

0
e� i! trap t hF (t)F (0)i ss;atom

=
~

2M! T
Tr

�
F (� i! T � L )� 1(F � ss;atom )

	 (2.27)

With this de�nition written in terms of system parameters the key cooling parameters can
be calculated for arbitrary laser con�gurations. The nice thing about this method is it's
generality. Once the code for making these calculations is written it can be applied to a
vast number of di�erent Hamiltonians.

2.1.1 Quadrupole Transition

The method above focused on dipole allowed transitions, however the proposed QRSC
scheme in the following section uses a laser at 1762nm to drive quadrupole transitions so
at �rst glance it appears there is some con�ict here. However since quadrupole transitions
can be folded into the same framework as dipole transitions the di�erence can be fully
captured by the Rabi-rate, so there is no con�ict. The major di�erence between the two
types of transitions is the Einstein-A coe�cient[41] which scales the Rabi-rate,


 =
ejE j

~

r
5AE 2

ge � 3

64� 3c�
(2.28)

where all the physical constants follow their usual de�nitions, note� here is the �ne
structure constant not the angular spontaneous emission distribution discussed above, and
AE 2

ge is the Einstein-A coe�cient.[16]

2.2 Quenched Resolved Sideband Cooling (QRSC)

Resolved sideband cooling straightforwardly addresses a sideband transition reducing the
temperature by coherently driving an ! n � 1 transition. By working in the resolved
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sideband regime the Doppler limit can be surpassed, as o� resonant excitation of carrier
transitions are signi�cantly detuned from the narrow linewidth laser. Repeatedly driving
the cooling transition more than the heating transition is on average cooling the ion.

The catch however is �nding a pair of energy levels which have the suitable linewidth
for RSC. If the transition is too broad, like the S1=2 to P3=2, then the sidebands will not
be resolved since the carrier linewidth is much greater than the trapping frequency. If the
selected energy level is too narrow on the other hand, like the S1=2 to D5=2 then the cooling
times would take too long. So long in fact that the external heating would be greater than
the achievable cooling.

This is where the "Quenched" comes in; a narrow transition can be broadened by uti-
lizing an auxiliary short-lived energy level. For QuantumION this is the 1762nm transition
which is broadened by the 614nm laser. Adjusting the coupling strength between the nar-
row and broad energy levels creates an e�ective two level system with tailored linewidth.[42]
This is shown in the ladder diagram picture in Figure 2.6b.

(a) The relevant energy levels for quenched
resolved sideband cooling. The D3=2 en-
ergy level is not relevant since the branch-
ing ratio into that level is small and can be
re-pumped into the S1=2 rapidly relative to
the cooling rate.

(b) Ladder diagram picture of quenched re-
solved sideband cooling. The S1=2 to D5=2
transition performs the cooling function
while the orange light at 614nm quenches
the transition to the short-lived P 3=2 energy
level allowing for improved cooling rates.

Figure 2.6
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2.2.1 Involved Energy Levels

QRSC was investigated for the QuantumION system. The available transitions and lasers
are shown in Figure 2.1. The only transition which could feasibly serve as the narrow
linewidth energy level is the 1762nm transition which couples S1=2 to D5=2. In turn the
614nm transition which couples D5=2 to P3=2 must be the quenching transition used to
broaden the D5=2 level. The P3=2 level decays to the D3=2 level with a small likely-hood, by
applying a re-pump laser at 650nm the contribution of the D3=2 level can be adiabatically
eliminated.

2.2.2 Calculating Heating and Cooling Rates

For the case of QRSC the atom and lasers are con�gured according to Figure 2.6a. This
con�guration corresponds to this Hamiltonian

H rot =

2

4
0 0 
 20

2
0 � � 12 � � 20


 12
2


 20
2


 12
2 � � 20

3

5 (2.29)

which has had the rotating wave approximation applied and has been transformed by
unitary operator into a frame which eliminates time dependence.

LikewiseF de�ned in Section 2.1 was found to be

F =

2

4
0 0 � ~

2 ik 20
 20

0 0 � ~
2 ik 12
 12

~
2 ik 20
 20

~
2 ik 12
 12 0

3

5 (2.30)

With H and F in hand the steady state temperature and cooling rate can be calculated
from Equations 2.16 and 2.18 respectively.

2.2.3 Expected Steady State Temperatures

Having developed the necessary tools ideal cooling parameters can be searched for. Here
is where the parameter space for QuantumION comes into e�ect, while the tools allow for
arbitrary laser con�gurations there are constraints due to the limitations of the physical
hardware. In fact these limitations were a motivating force for developing the tools. Since
the 1762nm transition is an odd wavelength and needs to be a very narrow linewidth the
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transition can only be driven at around 10kHz. This limitation is based on the expected
losses and power available at 1762nm. The 614nm transition is a less demanding wavelength
and easier to �nd laser diodes for, consequently the available Rabi-rate for this transition
is easily into the MHz.

To make the most of the limited power at 1762nm, the laser should be tuned on res-
onance with the n � 1 cooling transition. This will be ! trap detuned from the carrier
transition. However the presence of an intense laser, primarily at 614nm, will shift the
energy level spacing due to a "light shift". This has to be accounted for to remain on
resonance with the cooling transition and this condition is summarized as

� 20 = � ! trap + ~� 20 + ~� 12; (2.31)

where

~� 20 = ! trap �
q

! 2
trap � 
 2

20

~� 12 =

 2

12

(� 2
10 + � 2

12) + 4 � 2
12

� 12

(2.32)

By constraining the detuning on 1762nm according to these equations the light shift is
corrected for.[28] In practice due to the limitations on laser power the light shifts are
largely minimized and the �nal detunings are not signi�cantly di�erent from the bare
sideband detuning. Equation 2.32 shows this to be true in the case where the Rabi rate for
1762 is much smaller than the trapping frequency and that the detuning of the 614 is much
larger than the Rabi rate. This is almost always true for the parameter space investigated.

The detuning of the pump laser is ostensibly a free parameter, however in truth it
does not have a large e�ect on the cooling rate. This is because the pump laser does
not participate in the cooling process except to expedite spontaneous decay. Thus the
detuning and Rabi-rate at 614nm can be seen as one parameter which controls an e�ective
line width;[28]

� ef f =

 2

12

(� 12 + � 10)2 + 4� 2
12

� 10 (2.33)

For this reason it's appropriate to �x the detuning and focus on �nding the ideal pair
of Rabi-rates for both lasers which produces the lowest temperature at a given external
heating rate.

Fixing the quench laser detuning to 300MHz and adjusting the 1762nm laser frequency
according to Equation 2.31 reduces the parameter space to just the two laser Rabi-rates.
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(a) Simulation excludes laser linewidths
and only spontaneous emission from the
P3=2 state (25MHz) enters the Liouvillian.

(b) Expected laser linewidths of 1Hz for the
1762nm laser and 500kHz for the 614nm
laser added to Liouvillian.

Figure 2.7: Steady state temperature for QRSC with� 12=-300MHz and � 20 following Equa-
tion 2.31. Calculations were done for the axial direction common mode which is the lowest
frequency motional mode at 206kHz. Consequently this mode will start the hottest.

This allows a 2D contour plot to be drawn of the steady state temperatures achievable
through the available laser powers. This is shown in Figures 2.7 and 2.8.

The �rst parameter sweep is of expected steady state temperature for the axial com-
mon mode (lowest frequency mode) for the ion chain with zero external heating. This
is done without de�ning inherent laser linewidths (Figure 2.7a). Under these conditions
there are two major observations. Firstly above a certain amount of power the e�ective
linewidth is so broad that o� resonant heating becomes signi�cant, this is visible above
100kHz-1MHz on the quenching laser. Meanwhile below this cuto� the 1762nm laser is the
dominant determinate of temperature and lowering 1762nm power produces lower temper-
atures by reducing o� resonant excitation of the heating and carrier transitions. Under
these conditions broadly reducing power in both lasers produces lower temperatures.

Adding inherent linewidths, which can be done as an addendum to the Liouvillian
following Sawamuraet al., to the lasers modi�ed these results with about an order of
magnitude higher temperatures and a change in the low quenching power behaviour (Fig-
ure 2.7b).[28] At high quench powers the e�ective linewidth is dominant and matches the
previous plot. At low quench powers the transition linewidth is partially determined by
the laser linewidth, with increasing contribution at lower powers.
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(a) 0.02q/s external heating rate; far less
than expected.

(b) 2000q/s external heating rate, expected
heating rate from Table 2.2.

Figure 2.8: Steady state temperature for QRSC with� 12=-300MHz and � 20 following Equa-
tion 2.31. Calculations were done for the axial direction common mode which is the lowest
frequency motional mode at 206kHz. Laser linewidths of 1Hz for 1762nm, 500kHz for
614nm, and 25MHz P3=2 � S 1=2 linewidth form the collapse operators for the Liouvillian.

In Section 2.1 the value of including external heating rates was emphasized. These
claims are validated by considering the dramatic e�ect adding even 0.02q/s of external
heating has on expected temperatures. Adding this small external heating rate shifted the
optimal Rabi-rate from 10Hz to � 1kHz, seen in Figure 2.8a. The 0.02q/s heating rate is
orders of magnitude better than what can be expected from modern chip traps and still has
such an e�ect on the temperature plot. In the plots with no external heating temperature
is minimized by optimally suppressing unwanted transitions. But if this is done at the cost
of coolingrate then when external heating is introduced it diminishes the result.

Increasing the heating rate to 2000q/s, which was found to be a reasonable expectation,
further shifts the optimal parameters to higher laser powers, seen in Figure 2.8b. Again this
is because the cooling rate now has to compare and compete against a �xed heating rate,
and optimal cooling under these conditions is found at the point where the cooling rate is
maximized but not at the cost of broadening the transition beyond what is necessary.
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2.2.4 Expected Cooling Rates

So instead of considering the steady state temperature, the cooling rate can directly be
calculated. When doing so it's found that cooling rates are highest at large laser powers, an
expected result. What is a little surprising is that the coldest steady state temperatures, in
the absence of external heating, are found for the same parameters as some of the slowest
cooling rates. See Figure 2.9a compared with Figure 2.7b. This is explained by moving to
lower laser powers, o� resonant e�ects are minimized as is the di�usion coe�cient. Adding
external heating rates adds an external timescale so now cooling has to be fast enough to
compete, and in this context higher laser powers become critical. This is best argued by
Figures 2.9b and 2.8b which show that cooling isn't even possible for a large swath of the
parameter space. And the island of good steady state temperatures in the latter �gure
corresponds to the location of fastest cooling rates in the former.

(a) No external heating present. (b) 2000q/s external heating rate, expected
heating rate from Table 2.2.

Figure 2.9: Cooling rates for QRSC with� 12=-300MHz and � 20 following Equation 2.31.
Calculations were done for the axial direction common mode which is the lowest frequency
motional mode at 206kHz. Laser linewidths of 1Hz for 1762nm, 500kHz for 614nm, and
25MHz P3=2 � S 1=2 linewidth form the collapse operators for the Liouvillian.

2.2.5 Expected Cooling Times

The �nal aspect of cooling which has importance in an experimental lab is the cooling
times. This is especially critical in the QuantumION system which requires continuous
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operation. Since each experiment is likely to need cooling, any improvement made from
optimizing cooling will produce great time savings.

Solving Equation 2.15 yields the average phonon number as a function of time

hni (t) = hni 0 e� W t + hni ss (1 � e� W t ) (2.34)

Based on the expected trapping parameters (see Appendix C) the motional mode frequen-
cies can be calculated and used to �nd the starting temperature of each mode after applying
Doppler cooling. The cooling curves of each of these modes can then be calculated and are
plotted in Figure 2.10.

Figure 2.10: Expectation value of number operator for all axial direction motional modes.
These span a frequency range from 206kHz to 1.89MHz. Laser parameters are optimized
for each motional mode and listed in Table 2.3. Laser linewidths of 1Hz for 1762nm,
500kHz for 614nm, and 25MHz P3=2 � S 1=2 linewidth form the collapse operators for the
Liouvillian.

Importantly for QRSC only one mode can be cooled at a time. So while the plot shows
all the motional modes being cooled simultaneously, each one would have to be cooled
consecutively. This makes the total cooling time around 100� s instead of the 10� s plotted.
Since each mode has to be individually cooled optimal parameters for each mode have
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to be found; what works for the COM mode will not for the tilt mode. For the axial
direction the COM mode is lowest frequency and all others sit at higher frequency, this
reduces the LD parameter for higher frequency modes and therefore e�ectively reduces
the available cooling power at that frequency. For this reason the cooling rate gets worse
at higher frequencies, and in fact requires more time to reach steady-state. This e�ect
actually accounts for a further increase in cooling times to a comfortable 1ms total QRSC
time to give room for every mode to be thoroughly cooled.

To �nd optimal parameters two extreme cases were considered. Constrained optimiza-
tion of only the laser Rabi-rates and unconstrained optimization of both Rabi-rates and
detunings. It was found that, as was asserted earlier, only varying the Rabi-rates spans the
parameter space. Allowing optimization of detunings did not show improved cooling rates
or temperatures, increased compute times, and optimization settled on similar parameters
to the arti�cial constraints which were lifted for this optimization. As well it was con�rmed
that the power and detuning in the quench laser were interchangeable. By decreasing the
detuning the power requirements likewise decreased but no change in performance was
seen, within reason. The numbers used to create Figure 2.10 are the result of constrained
optimization, and are shown in Table 2.3.

2.2.6 Cooling Direction

The cooling direction was a critical experimental consideration. The beam must have good
overlap with the principle axis which is to be cooled. This corresponds to the dot product
of the laser and the trap direction, as was found in Section 1.2.2. Since QRSC isnot a
Raman process, the cooling is performed only by the 1762nm laser. The only beam which
determines the cooling direction is therefore the 1762nm beam, and the way direction
enters the Hamiltonian is through the Lamb-Dickie parameter

� = cos�
�
�
�~k

�
�
�

s
~

2m! trap
(2.35)

where � is the angle between the trap axis and the laser~k. The rate at which sideband
transitions are driven is proportional to� so as the beam angle approaches�= 2 the cooling
rate approaches zero. Since the 1762nm laser makes a 45� angle with all trap axis, QRSC
could be used to cool any of the motional modes. However� also has an inverse dependence
on ! trap which means that for the same laser power the cooling rate is diminished at higher
trapping frequencies. Since the optimal parameters for the axial modes already make use
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Frequency (kHz) �nss W (q/s) 
 20 (kHz) 
 12 (kHz) � 20 (kHz) � 12 (MHz)
206.0 0.00408 1041160 10.0 76.3 -205.7 -300.0
377.2 0.00455 699831 10.0 45.7 -377.0 -300.0
521.4 0.00495 519709 10.0 41.0 -521.3 -300.0
655.1 0.00625 441139 10.0 25.9 -655.0 -300.0
780.1 0.00640 365414 10.0 30.0 -780.1 -300.0
897.8 0.00713 321844 10.0 26.4 -897.7 -300.0
1008.7 0.00781 288765 10.0 24.0 -1008.6 -300.0
1113.4 0.00846 263205 10.0 22.1 -1113.3 -300.0
1212.2 0.00909 242824 10.0 20.6 -1212.1 -300.0
1305.3 0.00966 226047 10.0 19.8 -1305.2 -300.0
1392.8 0.01019 212154 10.0 19.3 -1392.7 -300.0
1474.6 0.01070 200572 10.0 18.9 -1474.6 -300.0
1550.7 0.01117 190855 10.0 18.7 -1550.7 -300.0
1620.8 0.01161 182745 10.0 18.4 -1620.7 -300.0
1684.4 0.01202 175951 10.0 18.2 -1684.4 -300.0
1739.8 0.01248 171367 10.0 15.5 -1739.8 -300.0
1791.7 0.01280 166444 10.0 15.4 -1791.7 -300.0
1816.2 0.01295 164224 10.0 15.4 -1816.2 -300.0
1885.0 0.01339 158280 10.0 15.3 -1885.0 -300.0
1886.3 0.01340 158163 10.0 15.3 -1886.3 -300.0

Table 2.3: Optimal cooling parameters found through constrained optimization. The de-
tunings were �xed by picking � 12 to match the detuning in Sawamuraet al. at 300MHz,
and correcting for the light shift on � 20 following Equation 2.32.[28] The Rabi-rates were
then optimized over the range available to QuantumION subject to laser power limitations.
The single �gure of merit for optimization was �nss however the 2000q/s external heating
rate set a timescale for cooling which ensured suitably fast rates.

of all the available 1762nm power, the possible rates and temperatures for the radial modes
are sub-optimal.

2.2.7 Summary

QRSC was investigated for cooling the axial modes subject to the realistic constraints of the
QuantumION system. Inherent laser linewidth, realistic external heating rates, and power
limitations were all factored into searching for cooling parameters. A set of parameters was

39



found for each of the axial modes which would produce an average steady state temperature
of less than 0.01 quanta for the axial direction. The highest frequency axial mode was left
hottest with an steady state 0.013 quanta. The time to reach these temperatures was also
considered and found that by cooling each mode sequentially around 1ms would be needed
to cool all the axial modes. In short QRSC was found to be an e�ective cooling method
for the axial modes which could be utilized to address the concerns with hot axial modes
outlined in Section 2.0.2.

2.3 EIT Cooling

Electromagnetically Induced Transparency (EIT) is an interesting phenomenon where a
three level4 energy system is pumped into a "dark" state by a "pump" laser. The system
will then not interact with a second "probe" laser at speci�c frequencies. In this way the
medium becomes "transparent" to the probe laser hence the name.[44]

The additional insight needed to harness EIT for cooling is to realize that if the trans-
parency is engineered to lie where the carrier transition would be, then o�-resonant carrier
transitions can be signi�cantly suppressed. Thus the simplest implementation of EIT cool-
ing can be realized. This thesis analyses the feasibility and expected results of EIT cooling
for the QuantumION laser con�guration. This analysis is done using the same formalism
developed in Section 2.1. Using this analysis allows the consideration of realistic heating
rates and �nally optimum parameters are listed.

2.3.1 Involved Energy Levels

The speci�c energy levels in barium which are relevant to the QuantumION EIT cooling
con�guration are the S1=2 to P1=2 manifold, and the D3=2 manifold is eliminated by a
suitably fast repump laser at 650nm. This is shown in Figure 2.11a. EIT makes use of the
hyper�ne energy levels, unlike the QRSC technique. The cooling transition and laser for
QRSC were so narrow that speci�c hyper�ne levels could be resolved and with appropriate
re-pumping the hyper�ne structure could be ignored. For the EIT con�guration since the
broad P1=2 energy level is the cooling transition a speci�c hyper�ne level can not be picked
solely by frequency. Instead the hyper�ne levels have to be resolved by polarization.

Ideally the pump laser would have pure linear polarization perpendicular to the mag-
netic �eld which would pump equally from both mf = � 1 levels. The probe laser would

4This e�ect can be observed in systems with more than three levels as well.[43]
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(a) All involved energy levels for EIT cool-
ing. This includes the D3=2 energy level
where 24% of the excited population will
decay to. However an application of a re-
pump laser at 650nm with su�ciently fast
Rabi-rates will e�ectively remove the D3=2
energy level from the Hamiltonian.

(b) The remaining energy levels after adia-
batically eliminating the D 3=2 energy levels.
Note that due to the beam layout depicted
in Figure 2.12b a pure polarization is not
available in the probe laser.

Figure 2.11

then have pure� polarization (linear parallel with the magnetic �eld). This con�guration
would make a nice time independent Hamiltonian. Due to the geometry constraints of the
Sandia HOA trap it was not possible to produce pure polarization for the EIT con�gura-
tion. The QuantumION beam layout is shown in Figure 2.12b, with the closest achievable
polarization being both pump and probe beams linearly polarized, pump perpendicular to
the trap surface producing pure� � polarization, while the probe is forced to be polarized
parallel to the trap. The lab frame polarization is related to the ion frame polarization
by[41]

êrad = A � �

êx � i êyp
2

+ A � êz + A � +

�
�

êx + i êyp
2

�
(2.36)

For the con�guration described in the probe beam the ion will see this polarization:

êrad =
A � �

2
+

A �p
2

+
A � +

2
(2.37)
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(a) Barium energy level structure and avail-
able lasers.

(b) The QuantumION beam layout over-
laid above the Sandia trap.

Figure 2.12: The two beams used for producing an EIT con�guration are the perpendic-
ular 493nm beams incident on the quantum zone. Notice the limitations on polarization
achievable relative to the magnetic �eld.

Accounting for Sub-Optimal Polarization

Due to the mixed polarization in the probe beam the interaction Hamiltonian has time
dependent coupling terms which can not be removed by going to a rotating frame.
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2

6
6
6
4

� ! B � ! sp 0 0 
 pump

2 ei! pump t

0 � ! sp 0 
 pump

2 ei! pump t + 
 probe

2 ei! probe t

0 0 ! B � ! sp

 pump

2 ei! pump t


 pump

2 e� i! pump t 
 pump

2 e� i! pump t + 
 probe

2 e� i! probe t 
 pump

2 e� i! pump t 0

3

7
7
7
5

(2.38)

This poses a serious computational problem when applying the approach outlined in Sec-
tion 2.1. Of course as Rei� et al. outline the method developed is still applicable, however it
would be convenient if the system could be treated as a time independent Hamiltonian.[27]
This way the code base developed for Section 2.2 could be re-used without alteration.
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The Rabi-rate from the unwanted polarization is much smaller than the rate from the
pump beam, and the probe power is split half into the� and a quarter of power into
each of� � . The pump beam is about an order of magnitude more powerful; it was found
empirically that the o� polarization terms can be dropped without signi�cantly altering
the accuracy of the results. The match between time dependent and approximate excited
state populations was found to be very robust in the fano-pro�le region, with mismatch
at the broad peak. The mismatch there is likely due to the o� polarization power being
"missing" in the approximate term, and at the broad peak all beams are simply driving the
population into the excited state. For the cooling simulations only the fano-pro�le region
is of interest.

Figure 2.13 shows the agreement between full time dependent simulation and this ad-
hock adjustment. The full time dependent Hamiltonian was simulated until steady state
oscillations were observed, then the past 200 time-steps were averaged together to produce
the dashed black curve. The averaging and judgment call on when to stop simulation are
necessary since in the time dependent case there is notrue steady state. In blue is the
result of making the dropping the unwanted polarization. Doing this clearly matches the
spectrum for the time dependent case over the region of interest.

Figure 2.13: Both curves were produced using the parameters in Table 2.4 for 100q/s heat
load (
 pump =34.420MHz, 
 probe=4.5505MHz, � pump =2.1985MHz, � probe=9.598MHz). The
time dependent code only includes the P1=2 � S 1=2 collapse operator so the approximate
code likewise only considers the natural linewidth. External heating does not enter this
calculation.
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This trick is used for the remaining calculations. After optimizing for ideal parame-
ters the fano-pro�les are compared with the time dependent method to con�rm accuracy.
The di�erence in compute times is over 10x which makes this approach very worthwhile.
Optimizing over the parameter space requires thousands of function calls making the time
dependent approach impractical.

2.3.2 EIT Advantages

(a) Steady state temperature for EIT con-
�guration. Parameters were chosen to cen-
ter the cooling power at the listed se-
ries of frequencies. Superimposed in black
are the motional mode frequencies. Laser
linewidths are not included in the cooling
pro�les, and do have a signi�cant e�ect be-
low � 2MHz

(b) A closer look at the steady state
temperature centered at 3.3MHz
with increasing heating rate. Laser
parameters are 
 pump =35.211MHz,

 probe=8.459MHz, � pump =51.837MHz, and
� probe=59.569MHz. 20.1MHz P1=2 � S 1=2
linewidth forms the collapse operator for
the Liouvillian.

Figure 2.14

As trapped ion quantum computers have increased in number of qubits, EIT cooling
has become more widely investigated and implemented. The reason for this is EIT cooling
can cool to the motional ground state while still being a broadband technique. Doppler
cooling is broadband, in that it can cool all the motional modes simultaneously, but can
not reach the ground state. QRSC is narrow-band, where only a single motional mode
is cooled at any given time, but can reach the motional ground state. EIT cooling can
both cool multiple modes simultaneously and cool to the ground state. The advantage of
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broadband cooling is not readily apparent for a single ion in a trap, but with 20 ions in
the trap that can be up to a 40x improvement in cooling times. All of this achieved with
only a single set of laser parameters.

This advantage is best shown by scanning the trap frequency with a �xed set of laser
parameters, shown in Figure 2.14, where it's clear that for one set of parameters a wide
range of trap frequencies reach the ground state. This was repeated for a number of laser
parameters each optimized to have the center cooling frequency at the value listed in the
legend. As the cooling frequency approaches 0Hz the cooling pro�le becomes increasingly
narrow-band. Compounding this e�ect is the fact that the axial motional modes begin at
the lowest frequency and have the greatest jumps in frequency between modes, spanning
the greatest range of frequencies. This is shown as the �rst set of vertical lines in the plot.
For these two reasons EIT does not have signi�cant advantages over RSC for cooling the
axial modes.

For the radial modes however the opposite is true. The cooling pro�le is broadband
enough to cool both the X and Y radial directions where the COM frequencies (of X
and Y) are o�set by � 300kHz. Here the small frequency steps between adjacent radial
modes and the broadening EIT pro�le work in concert, and that is where a 40x cooling
time improvement can be reaped. For 20 ions there are 60 motional modes and cooling
40 of those (the radial set) simultaneously is an advantage that will only become more
pronounced as ion numbers increase.

EIT cooling is also remarkably robust against external heating. The radial modes al-
ready bene�t from lower heating rates since they are higher frequency and require more
energy to drive an + 1 transition, but even extreme heating rates can be e�ectively com-
bated by EIT cooling. This is because the engineered transparency allows more power to
be put into the cooling beams without worrying about o� resonant transitions producing
additional heating e�ects. This is demonstrated by Figure 2.14b which shows the e�ect of
increasing heating rates on the cooling pro�le centered at 3MHz.

2.3.3 Expected Steady State Temperature

By making the approximation discussed in Section 2.3.1 the steady state temperature can
be optimized for, searching through the power and detuning in both laser beams. This 4
variable optimization is not necessary for a three level EIT con�guration, but adding an
additional level (the three levels in the S1=2 manifold) complicates the system and simple
closed form analytical expressions which match the simulation are di�cult to �nd.[45][46]
The result of the optimization is summarized in Table 2.4.
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Heating Rate 
 pump (MHz) 
 probe (MHz) � pump (MHz) � probe (MHz) �nss

0.0 35.455 0.071 52.074 59.592 0.113
1.0 34.840 1.421 52.164 59.583 0.118
10.0 34.597 2.536 52.190 59.582 0.129
100.0 34.420 4.550 52.198 59.598 0.165
1000.0 34.431 8.472 52.124 59.641 0.296
10000.0 33.793 17.426 51.506 59.600 0.974

Table 2.4: Optimal parameters found by optimizing power and detuning in both lasers.
For this table �nss is the average of the all radial modes, so the average ofhni for each
mode. This simulation includes the expected laser linewidth of� 500kHz

2.3.4 Expected Cooling Times

As mentioned in Section 2.1 by optimizing in the presence of external heating the found
parameters naturally �nd the optimal cooling rate relative to the heating rate. If the
cooling rate produces an excessively long cooling time it would be detrimental to running
QuantumION experiments in quick succession, however this is not a concern based on the
results in Figure 2.15, where cooling times are found to be� 1ms. RSC achieves better
cooling rates, however the technique is employed for the lower energy axial modes and
bene�ts from this. The achieved rate for QRSC at the highest frequency axial mode is
signi�cantly slower than for the lowest frequency (see Table 2.3).

2.3.5 Cooling Direction

A quick aside on cooling direction; the EIT cooling direction is equal to the di�erence of
the two cooling laser's k-vectors because EIT cooling is a Raman process[45][19]

� =
�
�
� êtrap � (~kpump � ~kprobe)

�
�
�

s
~

2m! trap
: (2.39)

Based on this equation two conclusions were made for the QuantumION system: that there
would be insu�cient overlap between the EIT cooling direction and the axial direction to
e�ectively cool that direction, and that there would be plenty of overlap with the radial
direction.
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Figure 2.15: Expectation value of number operator for all 40 radial direction motional
modes. These span a frequency range from 2.69MHz to 3.30MHz. Laser parame-
ters are from Table 2.4 for 100q/s heat load (
 pump =34.420MHz, 
 probe=4.5505MHz,
� pump =2.1985MHz, � probe=9.598MHz). Laser linewidths of 500kHz for both 493nm lasers
and 20.1MHz P1=2 � S 1=2 linewidth form the collapse operators for the Liouvillian.

2.3.6 Summary

EIT cooling was investigated for the QuantumION beam con�guration. Axial cooling
was made impractical by the wide spectrum of the axial modes, and impossible by a
lack of overlap with the cooling direction. For the radial direction however an e�ective
approximation to improve computing times was implemented and ideal parameters were
calculated. With these parameters ground state cooling was found to be possible for all
radial modes simultaneously producing an average phonon number of< 0.3 quanta for
heating rates between 0 and 1000q/s which spans the range of reasonably expected heating
rates. Better �gures could be achieved by cooling X and Y separately. This was possible
with a single set of laser parameters o�ering a simpler cooling setup.
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Chapter 3

Ion Individual Addressing

A fundamental challenge which all quantum computing architectures must overcome is
achieving a scalable way of performing arbitrary quantum operations. It is su�cient to
demonstrate a two qubit entangling gate in concert with arbitrary single quibt gates to have
a universal quantum computer.[47] Yet even this small set of operations proves a challenge
with increasing system sizes. The QuantumION system will perform it's single and two
qubit operations through Raman gates, using a pair of 532nm beams from a mode locked
laser.1 By using visible wavelength light to perform these gates it's possible to focus the
light onto a single ion in the chain, this way only that ion has it's quantum state a�ected
and individual control is achieved. The challenge in the QuantumION system is then to
�nd a method of controlling the intensity, phase, and frequency of the light �eld at each
ion individually. Since the ions will be spaced 4� m apart this becomes a demanding optical
problem. The solution found for the QuantumION system is presented in this chapter.

3.1 Raman Gates Primer

These gates are a two photon process which has been demonstrated in a number of trapped
ions systems[48], and state of the art �delities have been shown for both single qubit and
entangling operations.[6] This makes it a reliable and proven approach for QuantumION.
The idea behind Raman transitions is to use two lasers to drive a two photon process
through an auxiliary energy level. By detuning both lasers far from the excited level
the electron will spend negligible time in the excited state and it can be adiabatically
eliminated.[49]

Individual addressing is achieved by controlling the intensity pro�le of one of the two
lasers, shining light on the ions to induce an interaction and leaving the rest dark so their
quantum state is una�ected. This distinguishes the two lasers into a "global" beam which
always illuminates all ions, but is far o� resonance for any ion not also illuminated by the
second "individual addressing" (IA) beam which performs the ion dependent operations by

1Purchased from NKT Photonics.
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manipulating the phase, frequency, and intensity of the second laser at each ion. Raman
gates �t into the interaction Hamiltonian formalism described in Section 1.2.2 with two
major caveats: there is an e�ective k-vector and e�ective laser frequency,

~kef f = ~k1 � ~k2, and ! ef f = ! 1 � ! 2 (3.1)

Second that the Rabi-rate is instead de�ned by:
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where both laser's intensities (I 1I 2), the detuning from the excited state (� ), and the P1=2-
splitting ( ! F ) are the determining factors for the Rabi-rate. These de�nitions are further
elucidated in Figure 3.1. Finally êk

i is the k polarization component for the ith beam in
the ion frame.[41] This is maximized by having the two laser's polarization perpendicular
to each-other and to the magnetic �eld, the so called lin-perp-lin con�guration.2

Figure 3.1: Two
photon Rabi-rate.

Looking at this equation the Rabi-rate goes as the root of the prod-
uct of the two beam intensities. This is convenient since the global
beam which shines on all the ions can be high intensity for fast Rabi-
rates, and the IA beams are free to focus on addressing. Typically
the power handling of the IA beams is lower due to the demands of
producing N beams each speci�cally focused on a speci�c ion.

Any light intended for ion j which spills over to an adjacent ion
then has a relative error in Rabi-rate proportional to

p
I j +1 =I j , where

the intensity in the global beam is assumed to be uniform so the only
cross-talk error comes from the IA beam. Simple calculation shows that
an intensity cross-talk of 1% is a 10% Rabi-rate error which would be
unacceptable. Modern addressing schemes are able to achieve <10� 4

intensity error corresponding to 1% rabi-rate errors.[50] This is just at
the <1% single qubit error threshold for fault tolerant quantum com-
puting.[51] There are clever tricks which can be applied to minimize
the e�ect of cross-talk errors, but optimizing nominal performance is

always preferable to managing an under-performing system. The target for the Quantu-
mION system is to be at or below the10� 4 intensity cross-talk �gure.

2Great appreciation to Frankie Fung, a COOP, who performed these calculations for the barium qubit
and generated an indispensable internal document on this topic.
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3.2 QuantumION IA Approach

The abstract challenge of high quality control over the n ions in the trap has now been
translated into a straightforward optical challenge; Control the intensity, phase, and fre-
quency of a light �eld at the n ion locations. There are a handful of methods for achieving
this the strengths and weaknesses of which are summarized now. The �rst demonstrated
method is using an acousto-optic modulator (AOM) to de�ect a single addressing beam
between ion locations.[52] This approach has a critical limitation of only being able to
address a single ion at a time, precluding simultaneous application of single qubit rota-
tions at multiple ion locations. A marked improvement on this approach is using a single
multi-channel AOM, where a single beam is split into n beams and each is fed into the
nth channel of the AOM. The AOM provides phase, frequency, and intensity control over
each beam.[48] Due to using a single acousto-optic crystal in the multi-channel AOM this
approach su�ers from high cross-talk.

An alternative method which forgoes using an AOM as the primary control is using a
digital micro-mirror device (DMD) to create an arbitrary intensity pro�le on the ion plane.
The DMD can also be used to control the phase pro�le at the ion plane arbitrarily. This
approach has the advantage that non-uniform ion spacing can be corrected for, as can any
optical aberrations by applying the opposite phase mask. A drawback is the DMD can
not provide an arbitrary frequency pro�le.[50][53] The major reason for not using a DMD
system in QuantumION is the di�culty of control system integration and this approach
would be re-visited and re-evaluated for future versions of QuantumION.

The second category of IA control approach is using microwaves instead of visible wave-
length light. The qubit transition can be addressed directly using a microwave frequency,
and this is a common step in the bring-up of some ion systems. However using far-�eld mi-
crowaves, with for example a microwave horn, can not spatially resolve the ions and so does
not have IA capability.3 This limitation is overcome by using near-�eld microwaves.[17]
This approach was not investigated in detail and is mentioned for completeness.

The QuantumION IA design is a modi�cation of the multi-channel AOM approach
which aims to resolve the cross-talk issue. The big picture of how this is achieved is
shown in Figure 3.2. Common to most IA methods a single laser beam must be split into n
beams where n is the number of ions. In QuantumION this is achieved with a Femtosecond
Laser Direct Write (FLDW) wave-guide. This wave-guide provides 1:16 splitting with an
additional 1% power tap, all in a passive, path-length matched, and compact package. The
output of the FLDW wave-guide is butt coupled into polarization maintaining single mode

3Far-�eld microwaves can not drive sideband transitions either.
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�bre. Each of the 16 addressing beams have phase, frequency, and intensity control applied
to them through commercial �bre AOMs. The �bre optic cables are then brought back
together in another V-Groove Array (VGA). The VGA facet is imaged onto the ions using
a Micro-Lens Array and a bulk telescope.

Figure 3.2: Overview of the individual addressing scheme in the QuantumION project.

The remainder of this chapter details the physical constraints which limit the IA design
in Section 3.3. These constraints are applied to the idea of using a pitch reducing FLDW
wave-guide in place of a micro-lens array (MLA). Which was found to be an inadequate
solution for the QuantumION con�guration. Section 3.4 then discusses the design of a MLA
and IA telescope which meets the requirements of QuantumION. Finally in Section 3.7 the
design of the global beam path is discussed.

3.3 Optical Challenge of Individual Addressing

To address each ion individually they must be spatially resolved. So each channel of
the VGA must be imaged onto an ion and there must be minimal cross-talk to adjacent
channels. These are two separate requirements. The �rst dictates that the VGA pitch
(250� m) must be de-magni�ed to the ion pitch (4� m in QuantumION).

M =
Ion Pitch

VGA Pitch
=

4�m
250�m

= 0:016 (3.3)
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Simultaneously each beam must have a spot size small enough to only illuminate a single
ion. This means a beam waist. 2/5 the ion pitch to achieve the target cross-talk based
only on the Gaussian beam shape at the ions. So far this calls for a simple telescope which
images the �bre facet onto the ions with a magni�cation that is equal to the ion's pitch
over the VGA pitch.

(a) Figure shows the side view of the re-
entrant used to bring objectives maximally
close to the ions. There are no re-entrants
in the axis perpendicular to the page.

(b) Top view of the Sandia HOA 2.0 trap
with all beams showing their location and
relative orientation. A major limitation on
the achievable NA for the Raman direction
is that the 45� beams on either side have to
clear. This puts a theoretical limit of 0.79
on the NA.

Figure 3.3

The beam waist at the VGA is set by the �bre core diameter. For single mode PM �bre
the mode �eld diameter (MFD), or twice the beam waist, is 3.3� m. After de-magni�cation
by the bulk telescope to get the correct pitch, the MFD is 53nm at the ions. This is smaller
than the ratio needed for cross-talk and the MLA is therefor super�uous?

The missing piece of information is the numerical aperture of the system. This NA
is limited by the geometry of the vacuum chamber, re-entrants, and trap with details in
Figure 3.3a. The imaging re-entrant collects light for quantum state detection of the ion
chain. The �delity of state readout is strongly dependent on NA so the imaging re-entrant
is as close to the ion chain as possible. Optimizing for imaging however means that the
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Raman NA is limited by how close the Raman re-entrant can get to the imaging re-entrant
safely.

In addition to the imaging re-entrant, the necessity of additional beams at 45� to the
trap further limits the NA to a theoretical maximum of 0.79. These additional beams are
used for optical pumping, state readout, and cooling. Each of these functions are vital and
so the result is that the maximum NA which could be allocated to the IA beam is 0.37.
For more on the design of the QuantumION vacuum chamber and to see further the source
of this limitation see Noah Greenberg's thesis.[54]

Returning to the 53nm spot size needed to get the correct pitch. The di�raction limited
spot size as a function of NA is

d =
�

2NA
=

532nm
2 � 0:37

� 700nm (3.4)

so it's clear that attempting to focus each beam down that tightly will naively attempt
to make a sub-di�raction limited spot. This is not possible and in earnest what will be
observed is a very severe di�raction pattern, with the di�raction fringes contributing to
excess cross-talk.

This observation is a consequence of violating the Lagrange invariant for optical systems
(Æ).

Æ = n(� mhc � � chm ) = � mhc

Æ = 0:1 � 250�m = 25�m 6= :37� 4�m = 1:48�m
(3.5)

where hc;m is the chief (c) and marginal (m) ray heights and� c;m is the chief (c) and
marginal (m) ray angles. At the object and image plane the invariant reduces to the
product of the NA (� m ) and the object or image height (hc). For the de�nition of marginal
and chief ray and some other common optical terms see Appendix D. At the �bre the
Lagrange invariant is 25� m while at the ion plane it's 1.48� m. If the system uses less than
the full NA of the system there is no problem, an aperture stop in the system can limit the
NA to make the invariant at the ions any value smaller than 1.48� m but there is no way
to increase the NA. This invariant must be conserved throughout an optical system and
can be thought of similar to a conservation of information theorem. The optical system
can always degrade, but can't improve beyond what is contained at the object.[55]

So no matter how the optical system is designed, even looking at non-imaging systems
in an attempt to scrape out a working system, it's not possible to achieve the desired
magni�cation for the correct pitch and simultaneously having a low cross-talk spot size.
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Figure 3.4: Pitch reducing FLDW wave-guide. Extensive simulation was done of the �nal
straight portion, and some simulation was done on the "reducing" portion of wave-guide.

To build a feasible system either the NA or the object height has to be adjusted to comply
with the invariant. Re-arranging the invariant it can be shown that reducing the pitch at
the object to be� 15� m would bring the system into compliance.

3.3.1 FLDW Wave-guide approach

The NA of the �bre tip is determined by the optical modes which it must support, this
is largely set by the core diameter in conventional �bre, which gives the appearance that
there is only one free parameter. This is the pitch of the VGA. How close can two adjacent
�bres be brought to reduce the invariant? VGA manufacturers4 o�er a variety of pitch
dimensions with the smallest being 127� m limited by the diameter of the bare �bre. This
is not close enough. Motivated by the expertise already present in the lab developing
the FLDW splitter network, a similar device was investigated as a pitch reducing wave-
guide. Similar applications of FLDW wave-guides have been demonstrated in a trapped
ion context.[56]

A FLDW wave-guide is a created by dragging the focus of a high power pulsed laser
through a piece of glass. The power is delivered faster than the glass can thermalize which
creates a permanent localized change in refractive index. The achieved change is primarily
determined by the composition of the glass and the laser parameters. An optimal index
pro�le creates a similar mode size as a single mode �bre which makes butt coupling into
these devices very e�cient.

The pitch reducing FLDW wave-guide was simulated in BeamPROP a wave-guide solver
from RSoft which solves the Helmholtz equation for a given refractive index geometry

4The VGAs in the QuantumION system are purchased from OzOptics. VGA core positions are accurate
to 1� m according to the spec sheet, however the measured accuracy of VGAs received from OzOptics has
been around 100nm.
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and input beam. The critical parameter for accurate simulation was the refractive index
contrast and pro�le achievable. Empirical measurement of these pro�les was done by Dr.
Matthew Day during his PhD work, where the pro�le was found to be Gaussian following

n(r ) = n0 + � ne� 2r 2=a2
(3.6)

where the �tting parameters were found in the course of measurement.[57] The value for
n0 is 1.51872 for 546.706nm light and BK7 glass,� n = 10� 3, and a=3� m. Matching this
pro�le in beamPROP is key to accurate simulations. In beamPROP the Gaussian index
of refraction pro�le de�nition di�ers from the above equation by a factor of two in the
exponent. Since matching the pro�le is so critical a plot was generated to compare the
measured and simulated pro�le which can be seen in Figure 3.5a.

(a) Refractive index pro�le reconstruc-
tion in BeamPROP matching measured
data.[57]

(b) 2mm section of straight FLDW wave-
guide. Index of refraction follows Equa-
tion 3.6. Notice all power is in wave-
guide 1 (leftmost sub-�gure) indicated by
the blue trace running vertical along the
plot boarder.

Figure 3.5

The �rst simulation con�rms expected behaviour for a single wave-guide, where all
power was contained within the wave-guide. Shown in Figure 3.6b. This type of plot
shows the wave-guide geometry in red. In this case a 2mm straight wave-guide segment.
Plotted on the same axis are periodic slices of beam intensity across the x axis in blue. The
y-axis for these slices is not pictured (the pictured y-axis is for the wave-guide geometry)
and the units are AU normalized to the starting intensity. On the right there is a plot
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which shows the portion of total power in each wave-guide. For this example all power is
contained within the single wave-guide making this plot un-eventful.

To characterize the expected cross-talk at a given pitch a series of simulations were
conducted changing the pitch for a �xed length of wave-guide. An example simulation
at 10� m pitch can be seen in Figure 3.6a. Over the 2mm of pitch there was signi�cant
evanescent coupling which led to the power oscillating between the two wave-guides several
times. By carefully selecting the length of coupling track this e�ect is used to produce the
evanescent couplers in the splitter network FLDW wave-guide, but in this context this
e�ect is detrimental. Furthermore placing 16 wave-guides adjacent to each other with
this pitch would result in the power oscillating all the way across the chip amplifying the
cross-talk problem dramatically.

By repeating this two wave-guide simulation for a handfull of di�erent pitches the cross-
talk as a function of pitch could be investigated. The main �nding was that the coupling
had an exponential relationship to the pitch, which is emphasized in Figure 3.6b. For most
pitch values investigated the cross-talk is greater than10� 4 in intensity however at 15� m
pitch with a 250� m straight portion the cross-talk just edges below the target.

(a) Simulation with two wave-guides 10� m
apart which shows signi�cant evanescent
coupling between the wave-guides which re-
sults in the power oscillating between wave-
guides.

(b) Power cross-talk at an adjacent chan-
nel as a function of pitch. The amount of
cross-talk is also dependent on the length of
wave-guide at a given pitch so two lengths,
250� m and 500� m are plotted.

Figure 3.6

The next step is then to add the pitch reducing portion of wave-guide. This is 16 "S"
shaped segments of wave-guide that reduce from 250� m pitch to 15� m. Unfortunately
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there is another trade-o� here; to keep the length of wave-guide at 15� m pitch as short
as possible the pitch should be reduced very rapidly, but doing this leads to sharp bends
in the wave-guide which leak light at the bends. Light lost at the bends will either exit
the wave-guide as di�use light, or couple to an adjacent wave-guide. The latter is a source
of cross-talk which can't be corrected for. So there is a problem with no solution. Either
there will be a lengthy portion of wave-guide at the �nal pitch, or there will be losses in
the bends while reducing the pitch. This point is emphasized in Figure 3.7b where 8 of
the 16 channels are simulated and two distinct power loss sections can be observed. One
at the reducing stage, and one at the straight portion.

(a) Plot showing the e�ect of improving re-
fractive index contrast on cross-talk for ad-
jacent wave-guides.

(b) Simulation of half the proposed pitch
reducing FLDW wave-guide. There are 8
channels here and for 16 beams it would
require mirroring this pattern across the
vertical axis. Note there are two zones for
power loss; the �rst is because the wave-
guides are brought together too quickly,
then the second zone is due to the evanes-
cent coupling discussed above.

Figure 3.7

The last simulation done was to investigate the controls which would enable using
a pitch reducing wave-guide. It was found that the refractive index contrast (� n ) was
the critical parameter limiting the application. Having a greater contrast allows tighter
con�nement of the light in the wave-guide and subsequently a �ner pitch. Developing higher
contrast materials is a di�cult materials problem and would require extensive research. For
reference the e�ect of improving contrast on cross-talk is shown in Figure 3.7a. Changing
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the size of the wave-guide, thea parameter in Equation 3.6, in the absence of improved
contrast was found to have negligible improvement in cross-talk.

In conclusion it was found that a pitch reducing FLDW wave-guide which satis�es the
optical invariant requirement would itself introduce signi�cant cross-talk. The primary
limitation on using this technology was the refractive index contrast achievable.

3.4 Micro-Lens Array Approach

If, as the simulations have born out, it's not possible to bring the two �bre tips close
together enough to satisfy the optical invariant then the only other option is to change
the NA coming out of the �bre. The actual NA of the �bre can not be changed since it
is determined by the core diameter. For a conventional type of single mode PM �bre the
NA can be taken as an immovable parameter. Instead a small optical element is placed in
front of each �bre tip which a�ects the �bre NA without changing the pitch. It should be
clear that no bulk optic which is placed in front of all of the �bre tips could a�ect only the
�bre NA without changing the pitch simultaneously.

Since the object height for this optic would only be the extent of the �bre tip, the
optical invariant for the subsystem comprised of a single �bre tip is di�erent than for
the VGA as a whole. In this case the object height is approximately the core radius, just
1.65� m, which makes the optical invariant 165nm, far smaller than the limit at the vacuum
chamber (Æ=1.48� m at vacuum chamber). This is the purpose of the Micro-Lens Array
(MLA) in the IA imaging system. It gives a control of the �bre NA which is independent
of pitch and allows the optical invariant to be tuned at the input to comply with the limit
at the output.

3.4.1 MLA Requirements

Satisfying the optical invariant is just one consideration for the design of this optic. Work-
ing through the optical invariant dictates that the MLA should adjust the �bre NA from
0.1 to 0.006 which corresponds to a change in beam waist from 1.65� m to 28.6� m. This
is only a ray-optics consideration and a good �rst check of any system, but all it guar-
antees is that a sub-di�raction limited spot is not being asked of the optical system. At
the di�raction limit there is still signi�cant intensity in di�raction fringes. Given that the
invariant is satis�ed, a measure of how much intensity is in di�raction fringes would be a
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more useful metric. This is because a system can conform to ray optics limitations, resolve
a spot of a particular size, and still leak signi�cant power to adjacent ion sites.

To get an estimate for the amount of cross-talk due to di�raction a method based on
a paper by Xiao et al. was followed.[58] The paper shows how di�raction of a Gaussian
beam through an aperture can be calculated by decomposing the beam after the aperture
into higher order Gaussian modes. This is similar to how the Huygens�Fresnel principle
works however instead of writing the result of di�raction as a decomposition in terms of
point light sources it's written in terms of higher order Gaussian modes. The power in all
higher order modes can be approximated as the total power save what remains in theg00

mode and is calculated by taking the overlap integral between theg00 and the pilot beam
(which is the g00 beam) over the surface de�ned by the aperture.

Pg00 =
Z 2�

0

Z a

0
g�

00g00 r drd� = 1 � e� 2
�

a
! ( z )

� 2

(3.7)

where it's abundantly clear that if the integral is taken over all space the overlap is unity
and all power continues to be in theg00 mode. Herea is the aperture radius, and! (z) is the
beam waist. If the beam is constrained by a lens, aperture stop, or �nite sized window then
the overlap is not unity and some power is lost to higher order modes. For this application
the exact modes which the light leaks into is not important. Instead this formalism can be
used to provide an easy to calculate upper bound on the cross-talk noise due to di�raction
by assuming all power not contained in theg00 is cross-talk on the adjacent ion. This
overestimates the cornstalk but is a useful bound nonetheless.

The optimal IA telescope would maximize transmitted power at all apertures. Usually
this is a matter of course; anywhere the beam clips a larger lens should be used. There
are two locations where the clear aperture can not be increased. At the vacuum window
the geometry is �xed. The magni�cation of the IA telescope is likewise �xed based on the
VGA to ion pitch ratio, which makes the diameter of the MLA a second aperture that
can not be increased. The size of the beam at these two locations is linked by the total
magni�cation

! vacuum = M s(! MLA ) =
�

�M T ! MLA
f ob (3.8)

Since the second aperture is at the vacuum systemM s is the magni�cation to the viewport,
not the total magni�cation, this parameter is still constrained by the total magni�cation
and objective focal length (f ob) though.

With this relation in mind the total cross-talk from di�raction is the sum of that at
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the two apertures,

C = e� 2( a1
! MLA

)2

+ e� 2( a2
! vacuum

)2
= e� 2( a1

! MLA
)2

+ e� 2( a2 �M T ! MLA
�f ob

)2

(3.9)

where the �rst term is from the MLA aperture and the second term is from the vacuum
aperture. Again there is a trade-o� between where the di�raction is minimized. This
maps directly to an uncertainty relationship akin to that between position and momentum
which is fascinating! But the up-shot is that somewhat unsurprisingly the di�raction-
fringes are minimized when the beam waist covers the same ratio of the total aperture at
both constrictions.

For the QuantumION system a value of 0.47 for the ratio of beam waist to clear aperture
was found. This means that at the objective 47% of the clear aperture (radius) is within
a beam waist and likewise at the MLA 47% of the clear aperture is within a beam waist.
Therefore the MLA should be designed to magnify the VGA beam waist to 58.8� m. There
is some wiggle room here so the target is nominally a beam waist of 60� m. An addendum
to this statement is that an ideal Gaussian will have a tail at adjacent ion locations which
if the beam is large enough will begin to contribute to cross-talk. Using 60� m as the waist
at the MLA leads to a waist of � 1� m at the ions which makes di�raction the primary
contributor to cross-talk at the ions.

3.4.2 MLA Design

An aspheric lens was designed to achieve the required magni�cation in Zemax5 with simple
optimization, where a set of free parameters are given to Zemax and it �nds ideal values
for these parameters based on a user speci�ed �gure of merit (FOM). For the simple
optimization the FOM was the output beam waist and minimizing aberrations. A �owchart
for simple optimization in Zemax is shown in Figure 3.8a and the result of this optimization
is shown in the adjacent �gure. For simplicity a single lenslet of the whole MLA was
designed then copied 20 times when manufacture was required.

The MLA is manufactured using a high power pulsed laser which writes a pattern into
a piece of glass. The extreme power of this laser permanently modi�es some properties of
the glass which allows selective chemical etching of the material at the locations which have
been exposed to the laser. After the MLA is shaped with this technology an optical �nish
can be made through localized thermal polishing. This technology allows for near arbitrary
surface pro�les and so an aspheric MLA surface can be designed within the constraints of
the technology.

5Zemax is a full design suite for optical engineering, it's use is ubiquitous though-out the industry.
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(a) Simple optimization scheme in Zemax
where a �gure of merit is de�ned and the
initial con�guration is optimized with this
singular FOM into the �nal con�guration.

(b) Side view of a single lenslet in the MLA
after simple optimization in Zemax.

Figure 3.8

Advanced Optimization

The simple procedure used above is straightforward enough but does not make use of
all features Zemax has to o�er. A more involved optimization scheme would take into
account manufacturing tolerances in both the custom MLA, VGA, commercial optics, and
the accuracy to which lenses can be placed. Zemax can test a system through speci�ed
tolerances and this is used to characterize the telescopes in isolation in Sections 3.4.3
and 3.7.1. A more sophisticated use of the tolerancing features is to optimize based on the
tolerancing results. Doing this �nds the con�guration which most robustly performs well
within the speci�ed tolerances.

The full scheme is then to do simple optimization to a nominal con�guration, then
optimize over expected manufacturing tolerances to produce a robust �nal con�guration.
Figure 3.9 can be used to visualize this process.

To �nd the MLA pro�le this tolerancing feature was combined with a custom �gure
of merit written in the Zemax ZPL macro language. Because ion-ion cross-talk is not a
common optical problem Zemax does not have a built in operand for calculating cross-talk.
Metrics with surface similarity exist like encircled energy, but these don't do exactly what
is needed in one way or another. For example the encircled energy is hard coded to be
a circle, which does not work well for elliptical beams, further it has no way to encode
that only cross-talk in the ion chain direction is important, and �nally it is a ray optics
method. The macro would perform a physical optics propagation (POP) analysis and take
the greatest intensity outside a box with user de�nable width and height to be the intensity
cross-talk number. The box could then be con�gured as needed, by making the box �ll the
whole direction perpendicular to the ion direction considers only the intensity at adjacent
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Figure 3.9: Advanced optimization scheme. An initial con�guration is optimized with
simple optimization to produce Con�g 2. This nominally optimized con�guration is further
re�ned by including tolerancing information and making use of multi-step optimization;
where a custom tolerancing script sequentially loads di�erent merit functions and free
parameters then performs simple optimization on each new merit function.

ion positions. The only catch is that this �gure of merit takes a long time to compute. So
a secondary merit function which uses the fast built in methods and no POP was written.

A common way to design complex optical systems for production is to have a technician
align the system after assembly in parts, using di�erent feed backs for di�erent sections.
For instance �bre coupling an elliptical beam from a laser diode. The technician may �rst
optimize cylindrical beam shaping on a camera, then optimize �bre coupling with a power
meter at the output facet. For production an optical engineer using Zemax would like
to know if the speci�ed tolerance produces su�cient yield with this procedure. Zemax
supports multi-step optimizations using di�erent variables and di�erent �gures of merit
to simulate this process. This is achieved in a Zemax scripting language, and this was
used to quickly optimize the IA system with the fast �gure of merit, then measure the
system performance using the slow �gure of merit. This is what the "Custom Tol. Script"
represents in Figure 3.9.

The MLA was optimized for robustness using this multi-step alignment procedure,
where the expected tolerances on MLA manufacture and IA telescope were included and
the free parameters were all the controls which are built into the IA beam path. The
result was not dramatically di�erent from the simple optimization and primarily adjusted
the higher order terms in the aspheric surface. Of particular concern and the imputis for
this optimization scheme was to determine if the uncertainty in VGA core position would
introduce signi�cant aberrations, and it was found to be a non-issue.
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3.4.3 The IA Telescope

In addition to minimizing cross-talk by adjusting the object at the VGA with a MLA, there
is a bulk telescope which simply images the MLA output onto the ion chain. Aberrations
in this telescope would be a primary source of cross-talk at the ion plane. This telescope
is shown in Figure 3.10, and provides a 62.5 times de-magni�cation which set by taking
the ratio of the pitch at the �bres to the pitch at the ions (4/250). However as Figure 3.3a
shows the NA is not identical in X and Y. This means that while the axis parallel with
the ion chain has su�cient NA for � 1-2� m spot sizes, the direction perpendicular to this
does not.

For this reason the IA telescope will have some cylindrical elements in one axis. Since
the axis parallel with the ions, the Y axis by convention, is the high performance axis which
determines cross-talk the telescope for Y was designed then magni�cation was adjusted in
X with cylindrical lenses.

In addition to providing the correct magni�cation, the telescope must be telecentric.
Technically this means that the chief ray is parallel to the optical axis at either the image
or object space. In practice the IA system is "doubly" telecentric because the chief ray is
parallel to the optical axis at both the object and image space.[55] By using a VGA where
all the cores are parallel a telecentric object space is unavoidable, since the k-vector of the
laser beam enters the Hamiltonian for Raman gates it's also useful to have a telecentric
image space. There are also ancillary bene�ts: chief among them that motion in the object
space is linearly mapped to motion in the image space. This is a huge boon for alignment
since a 6 axis stage at the VGA side can be used to maneuver the IA beams in both angle
and position to sub-nanometer accuracy (also aided by the telescope de-magni�cation). A
doubly telecentric optical setup is also a 4f imaging system which gives convenient access
to both image an Fourier planes, useful for system characterization. Notice however that
the X direction is not quite telecentric. This is not a problem since in the X axis all beams
are on-axis and have negligible height, meaning that the question of telecentricity in this
axis is more a question of de�nition than a source of concern.

Zemax Simulation

To con�rm this design and pick suitable lenses extensive simulations were done in Zemax
of the IA telescope. Root mean squared (RMS) wavefront error as a function of object
height (�eld) is calculated by propagating a grid of rays at each �eld point and calculating
the RMS wavefront error for each point in the �eld. The wavefront is estimated by the
optical path, the length of each ray, and computing the di�erence between the real length
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Figure 3.10: Individual addressing telescope with lenses and focal lengths listed.

and a "reference" surface. At the focus, a plane (without curvature) can be used, and at all
other points an ideal spherical surface should be used. The RMS error is then the variance
of the optical path di�erence (OPD) for all the rays in the grid.

W 2
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1
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W 2
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i =1

(S0 � Sreal )2 (3.10)

WhereWi is the error for each ray, and can be written as the di�erence between an "ideal"
(S0) surface and the real wavefront in the simulation (Sreal ). The trick to having an
accurate measure of error is to �nd a good reference surface. This is the value of a software
package like Zemax which implements the method described by M. Rimmer to calculate
an optimal surface to compare with.[59]
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